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Abstract
Ion Bernstein wave experiments are carried out on the Alcator C tokamak to study wave
excitation, propagation, absorption, and plasma heating due to wave power absorption.
It is shown that ion Bernstein wave power is coupled into the plasma and follows the
expected dispersion relation. The antenna loading is maximized when the hydrogen
second harmonic layer is positioned just behind (to the low field side of) the antenna.
Plasma heating results at three values of the toroidal magnetic field are presented.
Central ion temperature increases of AT/Ti > 0.1 and density increases An/n < 1 are
observed during rf power injection of up to 180kW at a frequency of 183.6 x 106 s- for
plasmas within the density range 0.6 x 1020 m-3 <116 4 x 10m 3 and magnetic fields
2.4 > w/fH > 1.1. The density increase is usually accompanied by an improvement in
the global particle confinement time relative to the Ohmic value. The ion heating rate
is measured to be ATi/Prf ~ 2-4.5 eV/kW at low densities ~ 1 x 1020 m- 3. At higher
densities ,1. > 1.5 x 1020 m- 3 the ion heating rate dramatically decreases. It is shown
that the decrease in the ion heating rate can be explained by the combined effects of
wave scattering through the edge turbulence and the decreasing ion energy confinement
of these discharges with density. The effect of observed edge turbulence is shown to
cause a broadening of the rf power deposition profile with increasing density. It is shown
that the inferred value of the Ohmic ion thermal conduction, when compared to the
Chang-Hinton neoclassical prediction, exhibits an increasing anomaly with increasing
plasma density. This increasing anomaly, which may result from the presence of the
ion temperature gradient driven instability, can essentially account for the observed ion
heating rate behavior.
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CHAPTER
Introduction
1.1: Plasma Physics
1.1.1: Introduction
Plasma physics can be defined as the study of the behavior of intemcting charged
particlea in large numbers. The key words are interacting and large numbers. There
must be a large enough number of particles so that the cumulative effect of overlap-
ping long range electric and magnetic forces is a factor in determining the statistical
properties of the particles; yet, not so many particles that the near neighbor forces
dominate the dynamics. Plasma physics is sometimes described as an extreme form
of the many body problem. Throughout the study of plasmas, the subtleties in its
statistical mechanics and kinetic theory have offered considerable challenges to physi-
cists and mathematicians and some fundamental questions have in fact not yet been
completely resolved.
The plasma state is sometimes described as the fourth state of matter, a term which
was coined by W. Crookes[l]in 1879. Although somewhat imprecise, this term follows
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from the idea that on constant addition of heat, a solid will usually transform to a
liquid, then to a gas, then the gas will ionize and become a plasma. This same concept
had perhaps its earliest beginnings with the ancient philosophers who conceived of the
universe as composed of four element: earth, water, air, and fire. Quite obviously they
must have had in mind the four states of matter represented by these elements rather
than the basic substances of chemistry.
The spectacular growth of plasma research during the last three decades has been
caused not so much by interest in the field per se but rather by its exceptionally large
range of overlap with other branches of science and by its many applications in modern
technology. The best known and probably most challenging application of plasma
physics is controlled fusion. Some of the less publicized although clearly very important
uses of plasma physics include the direct conversion of thermal into electrical energy,
for instance in the thermionic plasma diode; new developments of intense x-ray and
neutron bursts; and the acceleration of charged particles in collective fields.
1.1.2: Thermonuclear Fusion
Thermonuclear fusion refers to the process where the nuclei of two atoms become so
close to each other that they combine to form a third, heavier nucleus. In this reaction,
some of the mass from the initial nuclei is converted into a quantity of energy far
greater than the energy initially required to bring about the fusion reaction. Ordinary
atoms very rarely undergo fusion because the electron cloud surrounding each atom
keeps the individual nuclei too far away from each other. Fusion can occur, however,
in a plasma when the fuel atoms are heated to such an high temperature that they
become ionized, that is, the electrons are no longer bound to the nuclei. The nuclei
in a plasma are free to move about independently of the electrons and interact with
each other through binary collisions where the dominant force is the Lorentz force.
This force is repulsive due to the like charges of the nuclei and tends to keep them
well separated. Under certain situations however, the nuclei can come so close together
that the nuclear force, which is attractive, overcomes the repulsive Lorentz force and
the nuclei then fuse together.
Thermonuclear plasma fusion power production relies on the idea that it is possible
to create a system in which a plasma is undergoing so many fusion events that useful
power, substantially greater than the system operating power, can be extracted. The
sort of plasma which is ideal for fusion power production must have both a high fusion
rate and the ability to sustain this high fusion rate. These two criteria can be expressed
in terms of the plasma density, temperature, and energy confinement time.
For example, a plasma which consists of a number density of n; incident nuclei and
nt target nuclei in a Maxwellian velocity distribution at temperature T has a fusion
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reaction rate given by
R = njntua(u). (1.1.1)
Here, u = Iv - vgt is the relative speed of the interacting particles, a(u) is the cross
sectiont for a fusion collision, and the bar indicates averaging over the particle velocity
distribution. If the incident and target nuclei are the same, the product nint in Eq. 1.1.1
is replaced by 1/2nv[2]. The value of uo(u) has been measured for various types of
fusion reactions[3]as a function of temperature, and depending on the reacting ions,
typically achieves its maximum value for a temperature greater than 10 keV. For a
deuterium-tritium fusion reaction, uo(u) reaches a maximum value of 9 x 10-18 cm3s-1
at a temperature of 80 keV. Simple consideration of Eq. 1.1.1 thus indicate that a high
reaction rate is possible for a high density plasma with a temperature not far from the
value corresponding to the maximum of uc(u).
Sustaining a high fusion rate in a plasma relies on the balance of input power and
power loss. Power enters the plasma through fusion reactions, Ohmic heating, and
any additional auxiliary power inputs; power loss results from radiation, transport,
instabilities, and certain anomalous processes. In order for the power loss to be less
than or equal to the input power, the product of the plasma density,, n, and the energy
confinement time, -r, must exceed a critical value. This product is known as the Lawson
Product[2 and has a critical value which is dependent on the plasma temperature and
reacting ions. For a deuterium-tritium reaction, the minimum critical value of nrE is
6 x 1019m- 3-s This is the value for a breakeven condition. A fusion device must exceed
the Lawson n-tau value by a considerable amount to be a useful source of power.
The hope of controlled fusion is to create sources of energy that are literally in-
exhaustible, sources which will supply beyond our needs, even at an increased rate of
demand, for centuries to come. Two fundamentally different approaches to controlled
fusion are presently being researched. These are inertial confinement and magnetic con-
finement. There are two methods of magnetic confinement; closed configurations and
open configurations depending on whether the magnetic field doses upon itself or not.
The most successful of either of these magnetic configurations to date is the tokamak
(from the Russian acronym for this kind of machine, the concept for it was originally
developed by physicists in the USSR4]). This device uses magnetic field lines in the
shape of a torus to confine the plasma particles and Ohmically heats the plasma by
t Recall that the diffeential scattering cmau section is given by the total number of parti-
cles crossing the area that subtends a solid angle dn at the target, divided by the incident
flux. The total cro" section in obtained by integrating the differential cross section over
do.
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inducing a large toroidal current to flow through it. The Alcator C tokamak, previously
at the Massachusetts Institute of Technology, is one such tokamak experiment designed
to study a high density plasma in a large magnetic field. The various experiments and
studies conducted on Alcator C and many other tokamaks throughout the world will
hopefully provide insight into the physics and engineering aspects of building a working
fusion reactor
1.2: Motivation for this Thesis
It has been thought for some time that heating a tokamak plasma solely via an
induced toroidal plasma current is not sufficient to bring the plasma to ignition tem-
peratures. Although this limitation is not certain, its possibility has inspired much
research into auxiliary methods of heating the plasma. Some of these methods include
neutralized ion beam injection, relativistic electron beams, and rf t (radio frequency)
waves ranging in frequency from Alfvin waves to waves near the electron cyclotron fre-
quency. One particular wave heating method in the ion cyclotron range of frequencies
which has received much attention lately and looks very promising utilizes the directly
launched ion Bernstein wave.
Plasma heating via the ion Bernstein wave is an attractive heating scheme because
it is possible to use a waveguide launching structure which can easily be accommodated
between the toroidal field coils in a tokamak. In addition, power sources in the ion cy-
clotron range of frequencies are relatively inexpensive and efficient. Also, ion Bernstein
waves can heat at high harmonics allowing a waveguide launching structure to be kept
small in size. Finally, ion Bernstein waves heat the bulk ions and are accessible to the
plasma for a wide range of parallel wave numbers[s].
At this time it is still too early to say for sure whether ion Bernstein wave heating
is a good possibility for auxiliary heating of fusion type devices. More details of the
wave heating mechanisms, parametric processes, and coupling in high density, high
temperature, and large magnetic field plasmas must still be understood. At the time of
this writing, two new ion Bernstein wave experiments are presently in their early stages.
These are planned for the PBX tokamak at the Princeton Plasma Physics Laboratory
and the D-III-D tokamak at the General Atomic Company in San Diego. Hopefully,
the results of these experiments will improve the understanding of ion Bernstein waves
as a possible auxiliary heating scheme.
t The abbreviation rf will henceforth be used to indicate oucillations in the radio frequency
range of frequencies.
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1.3: Scope of this Thesis
Ion Bernstein wave experiments were conducted on the Alcator C tokamak during
the year of 1986. The purpose of the experiments was mainly to study the charac-
teristics of ion Bernstein waves as an auxiliary heating scheme in a high density, high
magnetic field plasma. In addition to this, ion Bernstein wave propagation, coupling,
and wave power absorption physics were studied. The experiments were performed
near the end of the Alcator C program at MIT and unfortunately, many interesting
results which appeared during the 1986 experiments could not be studied in greater
detail.
This thesis presents the experimental study of ion Bernstein waves in the Alcator C
tokamak and attempts to explain through detailed analyses the causes for the experi-
mentally observed results. In particular, the behavior of the antenna-plasma coupling,
wave propagation and power absorption, and the plasma response to ion Bernstein
wave power injection are analyzed within the context of current plasma theories.
The antenna-plasma coupling was studied by measuring the antenna radiation re-
sistance as a function of plasma density, magnetic field, and rf power. The radiation
resistance exhibited a maximum when the hydrogen second harmonic layer was located
just behind (toward the low field side of) the antenna. The radiation resistance in-
creased with line-averaged density up to a density of f, ~ 2.6 x 1020 m- 3 , above this
density the radiation resistance decreased. A weak dependence on rf power was ob-
served in the radiation resistance. When the rf power was increased by a factor of three
(50 kW to 150 kW) the radiation resistance decreased slightly by about 20%. These
measurements are compared with the results of an antenna-plasma coupling model
developed by M. Brambilla. This model, which is based entirely upon linear plasma
wave theory, predicts the observed dependence of the radiation resistance on magnetic
field over a narrow range of fields. The density dependence of the radiation resistance
may be reproduced by the model. The discrepancy outside of the narrow field range
may result from certain parametric processes which can occur near the antenna sur-
face where the electric field energy density is large compared to the plasma thermal
energy density. The physics contained in the model is described and the similarities
and differences between the predicted and measured values are discussed.
Ion Bernstein wave propagation and absorption was studied in the plasma using a
CO 2 laser scattering diagnostic system. Dr. Y. Takase was responsible for operating this
important diagnostic during the ion Bernstein wave experiments. The correct disper-
sion relation was verified by mapping out the perpendicular wave vector as a function
of the minor radial position. The scattered signal showed a nearly linear dependence
on the rf power coupled into the antenna system. Power absorption was investigated
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across the w/flH = 1.5 (w/fID = 3) layer for two different magnetic field regimes. The
C02 scattered signal showed a large attenuation across this layer suggesting ion Bern-
stein wave power absorption. At the higher field, broad and downshifted frequency
spectra were observed by the scattering system indicating the possibility of nonlinear
processes (parametric decay for example) in addition to wave power absorption.
Central ion temperature increases of AT 1/To?;0.1 and density increases of An/n<1
were observed during rf power injection of up to 180 kW for plasmas within the density
range of 0.6 x 1020 m- 3 < i. 5 4 x 1020 m- 3 and magnetic fields within the range
4.8 T < BO 11 T. Although the greatest ion heating was observed at a central magnetic
field of 9.3T, heating occurred over a broad range of magnetic fields 2 .4>w/fcH(o) >1-1
(w/27r = fo = 183.6 x 106 s- 1) and did not show a strong dependence on having a
particular ion cyclotron resonance located near the plasma center. The density increase
was usually accompanied by an improvement in the global particle confinement time
relative to the Ohmic value and the ion temperature increase appeared to show rf power
thresholds which were dependent on the magnetic field and agreed with the theoretical
predictions within experimental error. Near densities of fi, < 1 x 1020 m- 3 rf power
injection typically produced an ion heating rate of AT 1/Pd ~ 2-4.5eV/kW. At higher
densities, fl, > 1.5 x 1020 m- 3 , the heating rate decreased to 0.5eV/kW.
Several density dependent mechanisms are considered which may explain the de-
crease of the ion heating rate. For example, wave power attenuation due to edge comfi-
sions which becomes worse at higher densities can be shown to have a negligible effect
on the wave power. The nonlinear power threshold increases with density but cannot
account for the heating rate decrease at the low magnetic field. C02 laser scattering
results show that low-frequency edge plasma turbulence increases with density. This
suggests that turbulence may scatter the ion Bernstein wave power and broaden its
radial power deposition profile. It is shown by ray tracing and power absorption mod-
eling that a normalized scattering amplitude of i.i= fi./ne = 0.3 is sufficient to broaden
the power deposition from being centrally peaked to nearly uniform over the poloidal
cross-section. Unfortunately, accurate measurements of fi. are not available for the ion
Bernstein wave data. Another effect which may contribute to the decrease in the ion
heating rate is that the global energy confinement time in these discharges, which is
increasing linearly with density at low densities, begins to saturate at higher densities.
This saturation is caused by increased coupling between the ions and electrons and
an increasing anomaly in the ion thermal conduction compared to the Chang-Hinton
neoclassical prediction. The mechanism causing the increasing anomaly may be due to
increased ion thermal transport caused by ion temperature gradient driven instabilities.
It is shown that the increasing ion thermal conduction anomaly causes the ion energy
confinement to degrade with increasing density contributing to the observed decrease
in the ion heating rate.
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1.4: Thesis Outline
The first part of this thesis is intended to outline the general characteristics of
ion Bernstein waves for both the reader who is entirely unfamiliar with this particular
plasma oscillation as well as one who is quite familiar with plasma waves in general.
Properties of the wave ranging from its dispersion in homogeneous plasma to ray tracing
and power deposition in a weakly inhomogeneous plasma are described in Chapter 2.
The remaining chapters and their subjects are as follows. The third chapter describes
the MIT Alcator C tokamak, the ion Bernstein wave antenna system, and additional
equipment and diagnostics important in the ion Bernstein wave experiments. Chapter
4 presents the experimental results. The heart of the experimental analyses and inter-
pretation is given in Chapter 5. Finally, Chapter 6 reviews the results, presents the
conclusions, and offers suggestions for future work.
Section 1.4: Thesis Outline 19
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CHAPTER
Description of Ion
Bernstein Modes
2.1: Introduction
The study of ion Bernstein modes originated out of the early work on electrostatic
modes in a magnetized plasma which is discussed in detail by E. P. GrossWll(1951),
V. A. Bailey[2](1951), G. V. Gordeyev[3](1952), I. B. Bernstein[4l(1958), and H. K.
Sen[5I(1952). Bernstein (1958) first obtained the dispersion relation for ion Bernstein
waves and showed that there are two types of waves depending on the departure from
exact perpendicular propagation across the magnetic field. One type, known as a pure
ion Bernstein wave, propagates almost perpendicularly to the magnetic field so that the
electrons are nearly stationary. The other type called a neutralized ion Bernstein wave,
propagates at an angle to the magnetic field which is close to perpendicular; however,
the electrons are not stationary but move along the magnetic field lines so as to be in
Boltzmann equilibrium with the wave potential. This wave is also referred to as an
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electrostatic ion cyclotron wave. These two domains of wave propagation are separated
by a region where the waves are electron Landau damped. Neutralized ion Bernstein
waves have been observed by E. R. Ault and H. Ikezi[6], J. P. M. Schmitt[7], and Y.
Ohnuma, S. Miyake, T. Sato, and T. Watari[8]. Pure ion Bernstein waves were first
observed by J. P. M. Schmitt[9Iin a potassium Q-machine plasma column. Schmitt
excited the waves with a long wire carefully positioned along the magnetic field line in
the center of the plasma column. S. Puri(10]first suggested using directly launched ion
Bernstein waves to heat a tokamak plasma. Experimental study of directly launched ion
Bernstein waves was first done by Skiff et alJ[11, 12, 13] on the Princeton ACT-I torus.
Plasma ion heating using directly launched ion Bernstein waves was first done by Ono
et alJ'1]on the JIPPT-IlI-U tokamak in Japan and then similar heating experiments
were performed on the PLT['5]and ALCATOR C1161 tokamaks. The experiments on
JIPPT-II-U showed ion heating at odd half-integral harmonics of the ion cyclotron
frequency. Two theories of nonlinear plasma heating by ion Bernstein waves have been
suggested by Abe[17]and Porkolab[18Ito explain this result.
A general intuitive understanding of ion Bernstein mode characteristics can be
obtained by considering small amplitude wave perturbations near the ion cyclotron
frequency in an infinite, homogeneous, fully ionized, finite temperature, and magnetized
plasma. A simplified plasma of this sort provides a way to examine these modes in a
detailed way without introducing the complications of an inhomogeneous plasma. The
intuition developed in this simplified theory can then be useful in generalizing the
theory of ion Bernstein modes to inhomogeneous plasma.
The ion Bernstein mode is essentially a sound-like mode which propagates at fre-
quencies between the harmonics of the ion cyclotron frequency. Consequently, the
mode can only exist in a finite temperature plasma where the charged particles cir-
culate about the magnetic lines of force on orbits with finite gyro-radii. These orbits
cause the particles to behave not as point charges, but rather as charges smeared out
over the particle's gyro-orbit. Finite temperature allows the particle to sample a region
of the plasma rather than a single point. The results are that the particle experiences
an average of the electromagnetic plasma fields over one gyro-orbit and the particle
may come into resonance with the plasma fields under certain conditions. Although
present in any finite temperature plasma, these effects are especially important for the
ion Bernstein mode because the mode's wavelength perpendicular to the lines of force
is of the same order of magnitude as the ion gyro-orbit radius. As a result, an ion can
experience significantly different electromagnetic fields at different points in its gyro-
orbit; this difference is strongly dependent on the ratio of the wave frequency to the
particle's gyro-frequency.
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The outline of this chapter is as follows. Section two outlines the governing equa-
tions for waves in a plasma. Section three describes the linearization of the governing
equations and outlines the procedure for deriving the wave equation in an homoge-
neous plasma. The dielectric tensor is also given in detail in section three. Section four
discusses the characteristics of the three ICRF modes by analyzing a simplified wave
equation. Section five discusses in particular, the ion Bernstein wave characteristics.
Section six gives a brief review of the recent models which describe ICRF wave propa-
gation in an inhomogeneous plasma; special attention is given to the Brambilla model.
Section seven describes ion Bernstein wave ray propagation and damping. Finally, sec-
tion eight gives a review of nonlinear plasma wave effects on the ion Bernstein wave and
discusses nonlinear wave absorption processes important for the ion Bernstein wave.
2.2: Electromagnetic Wave Propagation in a Plasma
Wave propagation in a plasma is described by the following Vlasov-Maxwell equa-
tions:
V - E = 4rp (2.2.1)
V-B=0 (2.2.2)
18B
V x E =- (2.2.3)C &
iDE 4irV x B = IE+ - (2.2.4)
c 5t c
f 1 r1 1 f
- + V - Vf' + - F + qa(E + -v x B)] -- =0. (2.2.5)
The subscript a refers to the particle species, ma is the mass, and qc is the charge.
Equations 2.2.1-4 are the standard Maxwell equations that describe electromagnetic
phenomena. Equation 2.2.5 is the collisionless Boltzmann equation or Vlasov equa-
tion which describes the motion of the single particle distribution function fa(r, v, t)
in phase space and offers a precise description of the plasma in the fluid limit. A
probabilistic interpretation of f, is as follows: The probability of finding a particle
within the phase space volume A 3,AV centered around the phase space point (r, v) is
P(r, v, t, A 3 r A 3 v) = fa(r, v, t)A3 rA 3v/N where N is the total number of particles in
the system. The quantity F in Eq. 2.2.5 contains all nonelectromagnetic forces (which
satisfy V, -F = 0) such as gravity and will be neglected here.
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The local particle space density is obtained by integrating f, over v
J d3v fa(r, v, t) = na(r, t). (2.2.6)
The total charge and current densities are obtained from f, through the following
constitutive relations
p(r, t) = pmt + qa d3v fa(r, v, t) (2.2.7)
J(r, t) = Jext + qa fd3v fa(r, v, t) (2.2.8)
a
where pet and J.1t are the externally imposed charge and current density. The Maxwell
equations determine the fields E and B which then determine the single particle distri-
bution function f, through the Vlasov equation. The distribution function f, deter-
mines the charge and current densities, which are sources of the electromagnetic fields,
closing the system of equations.
Particle collisions enter the Boltzmann equation through the term (V)c.o1 which
may be added to the right side of Eq. 2.2.5. The time required for a region of plasma
particles of volume L (where I.fp is the collisional mean free path) to equilibrate
is denoted as r. This time is typically of the same order as the collision time between
two particles of type a, r : 1/Va where Ya is the collision frequency. Collisions may
be neglected in describing plasma modes provided that the typical mode wavelength
A << lnfp and the mode frequency fo = wo/27r >> v.
2.3: Linear Plasma Wave Theory
2.3.1: Introduction
The system of equations (Eqs. 2.2.1-5) is implicitly nonlinear due to the product
of E and B with fa in Eq. 2.2.5. A solution can be obtained for small amplitude linear
modes by assuming perturbations of electromagnetic field and plasma quantities about
a zero order equilibrium solution. An appropriate perturbation parameter, e, is the
ratio of the perturbed wave energy density to the plasma thermal energy density. A
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small value of e indicates that the equilibrium plasma parameters and particle orbits
are not affected much by the presence of the wave.
A quantity Q can thus be expanded in e as
Q(r, v, t) = Q(M(r, v, t) + eQ(')(r, v, t) + e2 Q(2)(r, v, t) + --- (2.3.1).
First order quantities describe wave propagation, damping, and growth of a small
amplitude wave. Second and higher order quantities describe nonlinear effects such as
wave-wave coupling and wave-wave-particle coupling. These higher order nonlinear
phenomena are discussed in more detail in section 8 of this chapter.
2.3.2: First Order Wave Equation
The zeroth order Vlasov equation is written as,
Dfl +v - V + -a (v X Bo) - Vv fo) = 0 (2.3.2)Dt & MacIa
where & is the operator in braces and indicates differentiation along the unperturbed
single particle phase space trajectory. The solution for fY) is an arbitrary function of
the constants of motion for a single charged particle moving in a background magnetic
field B 0 . Collisions are usually important in determining the form of the zeroth order
distribution function. This is because there is no short time scale 11w introduced by
the wave frequency at this order which would ordinarily justify ignoring collisions.
Equating terms from Eq. 2.2.5 which are proportional to e gives
Df a1 ____
= -- (E) + -v x B(1 ) - (2.3.3).
Dt Ma c av
The solution for f ) is obtained by integrating Eq. 2.3.3 along the unperturbed particle
orbits[191 . The result for fc) is expressed in terms of this integral as
fg)(r, v, t) = ' (x', t) + v' x B(x 'I, t') (2.3.4).
in, f., c I V
The details of evaluating this type of integral are given in Ref 19. Once f(l)(r, v, t) is
known, the perturbed current density is obtained through the relation
J) = qa d3v vf)(r, v, t) (2.3.5).
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This current is the self-consistent source of the perturbed electric field in the first order
wave equation['9] obtained from Eqs. 2.2.1-4
1 02 47r 0V X V X EN) + 4wE = - - J) + J (2.3.6).
c2 &t2  c2 &t Lx
The wave equation together with the equation for the perturbed current completely
describe linear waves in a fluid plasma. These equations, in general, are quite difficult to
solve; however, a completely analytical solution can be obtained by assuming that the
plasma is homogeneous and that the zeroth order distribution function is a Maxwellian.
These assumptions are not far from being realistic and they provide a starting point
for understanding the complex nature of this wave equation.
2.3.3: The Wave Equation in an Homogeneous Plasma
The plasma is assumed to be homogeneous with only a zeroth order static magnetic
field oriented in the i direction with a negligible zeroth order electric field and current,
B0 =B0 i, J 0 =0, E 0 =0. As a result, there are only two constants of the particle motion
and f () is a function of the particle velocity parallel to the background magnetic field v
and the energy perpendicular to the field v2. Collisions are important in determining
the analytic form of f.() and when included, the most general solution for fg)) is a
Maxwellian distribution of velocities. Often, in rf heating and neutral beam heating
experiments, a two temperature Maxwellian velocity distribution is observed
*))(v ) 1 (~// 1 2 e~"V (2.3.7)(WV2 ) (ay )1/2
where v = 2T.L/ma and v2  =2T.11/m, are the thermal speeds of the plasma
particle perpendicular and parallel to the background magnetic field and na is the
particle number density. A two temperature distribution function is more general and
does not introduce much additional complication into the analysis.
In addition to assuming that the plasma is homogeneous in space it is also assumed
to be stationary in time. This means that a nonlocal physical quantity (a quantity
such as the electric field which depends on long range particle fields in addition to local
fields), is not explicitly dependent on its space-time position (x, t) but is only dependent
on the separation between its space-time position and that of other plasma particles
(x', t'). This allows Fourier decomposition in space and Laplace decomposition in time
of the electromagnetic and plasma quantities. A quantity Q(r,t) and its transform
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Q(w,k) are related through the following equations[2Oas
Q(r,t) = (21)2 d d3 k (w, k)ei(k-r-wt) (2.3.8)
Q(w, k) = (2 )2 di d3z Q(r,t)e-i-r-wt). (2.3.9)
Applying this transformation to the wave equation gives
k x k x E(l) + 2 [E(1) + j(1)J = - 2 . (2.3.10)
It is possible to express j(1) in terms of E(1 ) through Eq. 2.3.5 and therefore Eq. 2.3.10
can be solved for (). From this point onward, all quantities will be considered trans-
formed quantities, unless specifically stated, and they will be represented without a
tilde ().
2.3.4: Dielectric Tensor
Equation 2.3.10 expresses three algebraic equations for the three transformed elec-
tric field components. The second term on the left side of Eq. 2.3.10, the term which
contains the displacement and particle currents, can be rewritten as a 3 x 3 matrix
multiplying the electric field which is represented as a column vector. This matrix is
defined as the dielectric tensor Kii and is defined here as[19]
Ki E( -= E(1 ) + J P (2.3.11)
To obtain an explicit form for Kip the coordinate axis is first positioned so that i is
along the equilibrium magnetic field and k lies in the x-z plane. The vector k is now
expressed as k = kIcj* + kiii where I and 11 refer to the orientation with respect to the
magnetic field. The tensor Ki, is obtained by performing the integrals in Eqs. 2.3.4-5
and can be represented in matrix form[21]as
K~l+( j 2vIdu±J d
a n1-oo
fj0I JVJn]2 na
iflctvjy1 1 JnJ4Pna
JnJ JQna
-if). y JJQna
fI" V JnQna
Pna = 27r ( )
Wfl( )]
- a (0)
8V-2j 8- ) M
w2 ' l i
(2.3.13)
(2.3.14)
I is the unit matrix, w/2ir = f is the wave frequency, Jn is the Bessel function of order
n with argument kjvj_/l, and J is the derivative of Jn with respect to its argument.
The wave equation can now be written as19]
Oj 1E)= 47riWJG~gf) -C2 i2ext (2.3.15)
where Gii is represented in matrix form as
r Kzm - n2
1421G =KyM
.Kxx + nLn||
Kxy Kzz + njinj
Kyy - n2 Kyz
Kzy Kzz - n2
and no = C and n 1 = are the parallel and perpendicular indices of refraction.
In the absence of external driving currents, Eq. 2.3.15 becomes
GjiE 1 ) = 0 (2.3.17)
and nontrivial solutions for EM exist only if
det [G(w, k)] = 0. (2.3.18)
Equation 2.3.18 describes the possible normal modes of plasma oscillation, w(k), with
k being complex, denoting spatial growth or damping of the mode. Once w(k) is
known, one can solve for the eigenvectors of Eq. 2.3.17; these represent the electric
field polarization of each mode.
F-i n vj.J PnaI-ili7 iLJnJnPnc
P~Ljp
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where,
(2.3.12)
(2.3.16)
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The elements of the tensor K can be easily obtained for an isotropic (T1 = T1 )
Maxwellian zero order distribution function and are given here as follows
00W2 n2
Kzz = 1 + : Ine -(eZ(Cnc) (2.3.19)
a n=-ao
Kzy = -i nw [I, - In] e-b-CoaZ(Cn,) (2.3.20)
a n=-oo
00 2 bC"ZCn"0,
Kzz = - X __n Ine-COaZ'(na) (2.3.21)
a w_ wk=r
Cc 2
Kyy= Kz +( w 2b [In - I] e-b-CoaZ(Cn) (2.3.22)
n0 2
Kyz = - [In - I'] e-b-CoaZ{na) kjiya (2.3.23)
Kzz=1- c ne~*Coa~naZ'(Cna) (2.3.24)
a n=-oo
with, Ky. -Ky, Kzz = Kzx, and Kzy = -Kyz. In the above relations, the plasma
frequency is defined as
W = 4MIagx, (2.3.25)
In is the modified Bessel function of order n with argument b, = k2 p where p' is the
particle Larmor radius
pa Vt. (2.3.26)
The cyclotron frequency if defined as fa = qaB/(mac). The plasma dispersion function
of Fried and Conte(22]is written as Z(C,,) and has the argument
-= ,. (2.3.27)
Derivatives of functions are denoted with a prime such as In or Z'(Cn,); these deriva-
tives are taken with respect to the argument of the function.
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2.4: The Three ICRF Modes in a Warm Plasma
2.4.1: Introduction
The term ICRF, which represents Ion Cyclotron Range of Frequencies, is used to
refer to the electromagnetic frequency range near the ion cyclotron frequency or its
first few harmonics. The following discussion will direct the study of Eq. 2.3.18 to
the three modes in the ICRF (fast mode, slow mode, and ion Bernstein mode) for an
homogeneous, isotropic Maxwellian, and magnetized plasma.
2.4.2: Approximations to the Wave Equation
Equation 2.3.18 represents an analytical, yet still somewhat complicated form of
the dispersion relation. Analysis of the dispersion relation is facilitated by first making
several approximations. These approximations greatly aid the analysis of the dispersion
relation while still retaining the basic physics of the three plasma modes.
Equation 2.3.18 is first expanded to only a few terms in two parameters. The first
parameter, b,, is small when the plasma is considered to be warm so that a charged
particle's Larmor radius is small compared to the perpendicular wavelength of a plasma
wave. This allows the modified Bessel function to be expanded for small argument[23I
Io(ba)eb - 1 - ba + + -... + O(b), (2.4.1)4aa
II(ba)e-b. = b - 1b2 + ---+ O(b3), (2.4.2)2~ 2 a
I2(bc)e-b. = j2g+ - -- + O(ba), (2.4.3)
-* ck~In(bc)eia= - ea 2 k!(n + k)! (2.4.4)
k=O
The second expansion parameter is k1 vt,/w which, when small, indicates that the
wave parallel phase velocity is much greater than the electron thermal velocity. This
condition assures that the electrons cannot move quicdy enough along the lines of force
to short out the parallel electric field (Ell) of the plasma wave. This limit is known as
the cold plasma or fluid limit as opposed to the isothermal limit (kvte/w >> 1). This
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description is also true for the ions; however, fluid ions do not affect the wave character
as significantly as the electrons. As a result, the plasma dispersion function Z((na)
can be expanded in the asymptotic limit for real argument (na as
Z(Cna) = 1 1+ 1 + 3 15 + - -- + ivf/re-- (2.4.5).Cna I 2C2a 4Cn a 8Q2,
According to the above limits, the dielectric elements are appraximated as
r 3W2 f12
-i[(-ba)L + baLfc] (2.4.6)Key~iD-(w2 
- )W - 412)b
-i [(1 - 2ba)Lia + baL } (2.4.7)
Kx~ -+a } (2.4.8)
K , ~ S - )( 2 _ 4 2.) b
a aZ)w
-i [2baLo + (1+ + bcL] baL (2.4.9)
~ P w w2(w2 -2)2 a
+ *(2 - 3ba)L - (1 3ba)L (2.4.10)
Cx a
K2zW ~ P)W - b 12
a a 
+*~l 2a]~+~t} (2.4.1)
where S, D, and P are the Stix[19l parameters defined here as
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= - ~p2a (2.4.12)S 1 W2 - f12
aa
D = E W-. --2 (2.4.13)
a a
2
P = 1-(2.4.14)
C1
and the Landau damping parameters are defined as
-2  2 1L = COaj [e~Ca ± C- e ] (2.4.15)
L - Co [G(ae~~ C* (mae~C2"ma] (2.4.16)
For the case of m = 0, the above expressions are still applicable provided the ± is
replaced with a +. It is pointed out that since the sum over cyclotron harmonics is
only carried out to the second harmonic in Eqs. 2.4.6-11, the basic physics is retained
provided JwI < 2.0i.
It is next useful to assume that the plasma ion kinetic pressure is small compared
to the total magnetic pressure (i.e., low beta approximation)
8irn; T-
A = B 2 T << (2.4.17).
The effect of K,, and K., is small in this case and both of these elements can be
neglected. In addition, the finite fl; terms (terms proportional to ba) in all of the
dielectric elements except K.e can be neglected. This can be justified since the finite
#8 term in K.. is essential for the existence of the ion Bernstein mode, whereas the
finite Oi terms in the other dielectric elements only produce order /3 corrections in the
already existing fast and slow plasma modes.
2.4.3: Ion Cyclotron Dispersion Relation
The dispersion relation, Eq. 2.3.17, with the above approximations now takes the
following form[24]
Tn + Av4 - Bn + C = 0 (2.4.18)
where
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T= X + i [L+i -L]j (2.4.19)
a-ion
A = S(h) - T(S(h) + pCh) - n2) (2.4.20)
B = (S(h) - n2)(S(h) + p(h) - TP (h)) -D(2 (2.4.21)
C = p(h) (S(h) - n2)2 - D(h)2 (2.4.22)
and
SW) = S+ i L (2.4.23)
a=ion
D(h) = D - i L-. (2.4.24)
a=Ion
p2h = p _ i L'a (2.4.25)
2 a
Note that the sum over a is carried out for the ion species only except for p(h) which
includes Landau damping from the electrons. Equation 2.4.18 is written as a cubic in
n2 since the parallel wave number kl (no) is generally specified as a boundary condition
which is determined by the antenna structure, while the dispersion relation determines
n2. Beyond this point th superscript (h) will be dropped from the Stix parameters
and the Landau damping term will be assumed to be included.
Equation 2.4.18 describes three plasma modes. Each mode consists of one electric
field polarization (eigenvector) associated with two equal but oppositely directed per-
pendicular wave vectors (the equation is unchanged for n 1 - -ni). For example, the
electric field for the mode M is written as
EM(x, z, t) = E eSL ± Ce[e.l" ei(kiizwt) (2.4.26)
where (E., EV, EZ)M is the eigenvector of the mode and C is an arbitrary complex
constant. In a cold plasma where T is identically zero Eq. 2.4.18 describes the well
known fast wave and slow wave modes. These are the electromagnetic modes one
obtains in an anisotropic dielectric medium, the anisotropy arising from the D. C.
magnetic field. When the plasma has finite temperature, T (Eq. 2.4.19) is nonvanishing
and a third sound-like mode results which is the ion Bernstein mode. This mode is
described as sound-like since most of the wave energy is in the sloshing motion of the
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ions and only a small fraction of the energy is in the electric and magnetic fields. This
will be shown later in section 2.5
In a high density plasma where () >> 1 the three modes are well separated in
n2 and the solutions to Eq. 2.4.18 can be approximated as
n2 (2.4.27)
-L B
n21=B (2.4.28)
2 A B
nA - - . (2.4.29)
Here, the subscripts F, S, and B represent the fast, slow, and ion Bernstein wave
modes. In general, P >> S, D, and, assuming that S - n2 : 0, Eqs. 2.4.27-29 can be
simplified further to
n2I ~.. S - n2 - 2 (2.4.30)S-n
(S- n2)p
n2 ~S = (2.4.31)
nn ~ - S+ Pn2 + 1 D2 + T S (S - n2) . (2.4.32)
2.4.4: Electric Field Polarization
The electric field polarization of the modes can be approximated from the above
dispersion relations as
r D p(S-n2)
S-n2 iesi
EF=EyF 1 ;ES~EYS 1 ; EB~Ey . (2.4.33)
i ngD2 ) I$. IS-nI) _nin
PS-n2) *Dnii D
The fast wave electric field is elliptically polarized in the -y plane and has a small
component in the i direction. This mode is partly longitudinal and partly transverse
as
If -El j x EIF. 2.34( .4.34)
34 Chapter 2: Description of Ion Bernstein Modes
where fi is the unit vector in the direction of n =k. The value of n2 for the slow wave
is large and negative for w ?;ni, thus the wave is evanescent (cut-off) in the -L direction.
The electric field has a large E. component, a somewhat smaller E, component and a
very small E, component. This mode is also partly longitudinal and partly transverse
as can be seen from
If- E- ~fi x EIs. (2.4.35)
The ion Bernstein wave has a large and positive value of ni indicating that the wave has
a slow phase velocity (compared with the velocity of light c) across the magnetic field.
The wave electric field has its largest component in the * direction, a somewhat smaller
component in the i direction and a very small electric field along the : direction. The
wave is almost entirely longitudinal as can be seen from
lif -E >> If' x EjB. (2.4.36)
The wave field and wave vector are nearly parallel and can be simply related as
E ~ -ik4 = -VO (2.4.37)
which shows that this mode is electrostatic in nature.
The above is only a brief description of the characteristics of the three basic ICRF
modes in a warm plasma. The next section focuses on the ion Bernstein wave and
discusses its characteristics in greater detail.
2.5: Ion Bernstein Waves
2.5.1: Introduction
As was indicated earlier, the ion Bernstein wave is primarily electrostatic in nature
so that
IB"1I = in x E(1)I << IE(1). (2.5.1)
and the wave magnetic field energy in smaller than the wave electric field energy by a
factor of the plasma ,;. Using the electrostatic character of the ion Bernstein wave a
simplified dispersion relation can be derived starting from the Vlasov-Maxwell equa-
tions. The details of this derivation are given in Ref. 19. Detailed characteristics of the
ion Bernstein mode are obtained by studying this dispersion relation numerically and
analytically. The remainder of this section will describe the characteristics of the ion
Bernstein mode by studying the behavior of the electrostatic dispersion relation.
Section 2.5: Ion Bernstein Waves 35
2.5.2: Electrostatic Dispersion Relation
For an isotropic Maxwellian distribution of velocities the electrostatic dispersion
relation can be written as191
1:22[ 00 b
6(k, w)1+ Z [1+ k In(ba)e- Z(Cn,)] 0 (2.5.2)
where
ba = a (2.5.3)
and the other terms are defined in section 2.3. Equation 2.5.2 is the dispersion rela-
tion of magnetized warm electrostatic plasma modes and gives a relation between the
frequency w and wave number k of the wave. When the frequency w is near the ion
cyclotron frequency, e(k, w) describes electrostatic ion Bernstein modes.
Equation 2.5.2 can be rewritten exactly[19 as
e(k, w) = j2{k z+ kiKz+ 2k 1kiK z} (2.5.4)
where expressions for K, K.z, and K.. have already been given. In terms of S, P,
and T, which were given in section 2.4, e is approximated as
e(kii, kjw) = {k P + k2 (S + n (2.5.5)
where the terms from K.. have been neglected. Setting this to zero (for normal modes)
and solving for n2 gives
n2 ~ + n 2  (2.5.6)
This is almost exactly the same result as that obtained from the fully electromagnetic
dispersion relation (Eq. 2.4.32). It is expected that both results agree for small kjpi
since this is equivalent to l; << 1 and electromagnetic effects are negligible in this
regime. Once again, this dispersion relation is only valid for Iw I 2lM.
2.5.3: Wave Propagation and Wave Damping
Figure 2.1 shows a plot of w/OfH vs. kiPH for the electrostatic ion Bernstein wave
in a hydrogen plasma. The figure shows that the ion Bernstein wave propagates be-
tween integral harmonic bands of the hydrogen ion cyclotron frequency. At the higher
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frequency end of each band the mode is cut-off (k1 = 0) and at the lower frequency
end of each band the mode experiences a resonance (k1 -+ oo) with the hydrogen ions.
It is assumed that the applied frequency fo = w/27r is real and any wave damping or
growth arises from an imaginary part in k1 so that the wave damps or grows spatially.
In a collisionless plasma, a finite value of k1l is necessary for k1 to acquire a nonzero
imaginary part. The effect of increasing kl is shown in Fig. 2.2 . Each sub-figure
shows the ion Bernstein wave dispersion relation in a hydrogen plasma with 1% deu-
terium (nD/n(H+D) = 0.01). The value of k1 is zero for the first sub-figure and its
value is increased in steps until w/kirut. = 1.5. Figure 2.3 shows the corresponding
value of the perpendicular group velocity &O/kI. As the wave approaches (toward
decreasing w/H) the location of an hydrogen harmonic, it's perpendicular group ve-
locity decreases. As a result, the wave energy density increases and wave power may be
absorbed, transmitted, reflected, or converted to another plasma wave through some
linear or nonlinear process. In the region between the dispersion curve (e = 0) and the
upper cyclotron harmonic in each band, e is positive. Between the e = 0 curve and the
lower harmonic, e is negative. As the value of k1l is increased (and electron shielding
becomes important) the entire dispersion curve shifts upward toward the region of e >0.
Figure 2.4 shows a comparison between the electrostatic and electromagnetic ion
Bernstein wave dispersion relations as a function of 8l. The difference is most apparent
when #i exceeds about 0.25 and is seen most significantly in the value of Im(kI_). Above
~ 0.25, the electrostatic approximation overestimates the electron Landau damping
due to the neglect of important electromagnetic terms in the dispersion relation.
In a low density (w2 /f? << 1), low temperature plasma, the ion Bernstein wave
becomes an electron plasma wave[25]with the dispersion relation
2
n2 = n .m(2.5.7)
This dispersion relation is shown graphically in Fig. 2.5 . Near an ion cyclotron har-
monic where finite Larmor radius effects are most important, the dispersion curve is
unaffected. This shows that the electron plasma wave is insensitive to finite tempera-
ture effects.
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Perpendicular Group Velocity (X106 cm/sec)
Figure 2.1 -(&) Dispesion relation of the ion Bernstein wave in a hydrogen
plasma. (b) Perpendicular group velocity of the ion Bernstein wave. PIa
Parameters: n. = 2 X 1020 M-3, TH = 900 eV, T. = 1600 eV, f = 183.6 x 106 a-',
hil = 0. 1 m-2.
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Figure 2.2 -The effect of increasing kh1 on the ion Bernstein wave dispersion
relation. (a) k1 = 0. (b) kA1 = 0.08. (c) k&l = 0.16. (d) kil = 0.32. Plasma
parameters: n. = 2 x 102 m- 3 , TH = 900 eV, T. = 1600 eV, f = 183.6 x 106 s- 1,
n)/nH+ID = 0.01.
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Figure 2.3 -The effect of increasing k1  on the ion Bernstein wave perpendicular
group velocity. Plasma parameters are the same as in Fig. 2.2 . (a) k1  = 0. (b)
k1l = 0.08. (c) k11 = 0.16. (d) kg = 0.32.
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Figure 2.4 -Electromagnetic and electrostatic ion Bernstein wave dispersion
relation for several values of 8H. (a) OH = 0.25, TH,D = 900 eV, T. = 1800 eV.
(b) PH = 0.5, THD = 1800 eV, T. = 3600 eV. (c) 8H = 0.75, TH,D = 2700 eV,
T. = 5400 eV. (d) PH = 1, TH,D = 3600 eV, T. = 7200 eV. Plasma parameters:
no = 7 x 1019 m-3 , f = 30.5 x 10 9-1, k1l = 0.03 cm- 1 .
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Figure 2.5 -(a) The electron plasma wave dispersion relation and (b) perpendic-
ular group velocity in a pure hydrogen plasma. Plasma parameters: TH =40 eV,
To = 40 eV, n. = 4 x 1016 m-, f = 183.8 x 106 a-1, k1i = 0.1 cm- 1 .
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In a high density plasma where w,/ >> 1 the ion Bernstein dispersion relation
is approximated for a single ion species plasma as [26]
1 [M c2 411? _ W2
n = 4c ]2  + n G(w, B) (2.5.8)
and n2 is a linear function of the inverse ion temperature. The function G is only
dependent on the frequency w and the magnetic field B. Typically, the first term
on the right of Eq. 2.5.8 is much larger than the second (the second term is ignored
in Ref. 26). This result allows the ion Bernstein wave to be used as a temperature
diagnostic[2, 27] by relating the measured value of n 1 to the local ion temperature. If
the magnetic field is held constant, changes in T can be measured.
If the magnetic field is reduced to zero the ion Bernstein wave becomes a Bohm
and Gross wave[28]with the dispersion relation
:w2a[+ 3 k2V2o
e(w, k) = 1-+.(2.5.9)
This is a similar limit obtained when the frequency w becomes large compared to the
electron cyclotron frequency but not large compared to the electron plasma frequency.
All of the approximations made to the ion Bernstein wave dispersion relation
(Eq. 2.5.2) so far assume that both the ions and electrons are in the fluid limit (see
subsection 2.4.2). The electrostatic ion cyclotron wave dispersion relation (also called
the neutralized ion Bernstein wave) can be obtained by assuming the fluid limit for the
ions (kj1vt;/w << 1) and the isothermal limit (w/kjjvte << 1) for the electrons. The
dispersion relation in this case is written as
I_ 1 [,2 ?
e~w k w=-2 k2 C2 -- 2 (2.5.10)
where C2 = Z2Te/mj is the plasma sound speed and Z; is the atomic charge of the
ion species. This mode is only weakly electron and ion Landau damped. This can be
understood by noticing that the Landau damping term in Eq. 2.5.2 is proportional to
Co. exp[-C2a]. This term is linearly small in Coa for Coa << 1 and exponentially small
in C for o. >> 1. Thus, for the electron and ion limits assumed, the Landau damping
is negligible. It is pointed out that for values of Coa between either the isothermal or
fluid limits, CoCI exp(-CO2.] may no longer be small and Landau damping can become
strong.
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2.5.4: Linear Wave Damping
Linear ion cyclotron damping and electron Landau damping of ion Bernstein waves
is most clearly explained by considering the damping process in an inhomogeneous
magnetic field as is the case in a tokamak. In such a geometry, the radial dependence
of the magnetic field causes the damping region to be radially localized and separated
from undamped regions nearby (such as the wave launching region).
The ion Bernstein mode within an inhomogeneous plasma is properly described
with a complicated integral equation. The plasma is inhomogeneous and Fourier and
Laplace transforms are not useful in the direction of the inhomogeneity. In spite of
this mathematical difficulty, a good approximation to the complete solution can be ob-
tained. The ion Bernstein wave has a perpendicular wave length A1 which is typically
much smaller than the scale lengths of tokamak plasma parameters, especially within
the central plasma, and this justifies application of the WKB approximation[29]to the
electric field. Note that the WKB approximation is different than the weakly inhomo-
geneous approximation which is discussed in the next section. The physical essence
of the WKB approximation is that the fractional change in the wave vector k (due to
changes in plasma parameters) over a distance of about one wavelength is small. This
is expressed mathematically as
- Jn[k,(xi) << 1 (2.5.11)
where i, j = z, y, or z. Using the WKB appraximation, the spatial dependence of the
electric field can be written as
E(z, z) = E(zo) k±@oo) e-TIx e- ~kj(u') dz' (2.5.12)
where kj(z) is obtained from the local dispersion relation e(kI, k,w, x) and all plasma
quantities are evaluated at the position x. The WKB approximation given in Eq. 2.5.11
leads to no reflection of power as the ion Bernstein wave propagates through the plasma.
A good estimate of local power absorption (for one spectral component) can be made
over a region extending from position mo to x using this approximation. This is done
by calculating the total power in one spectral component as a function of x which is
given approximately by
Pk,.(x) Sl,.(z) A = - Eik,.(z)| e A (2.5.13)
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where Sk,-(x) is the ion Bernstein wave energy flux and A is the effective area of a
wave phase front. Within the WKB appraximation, the strongest spatial dependence
in Eq. 2.5.13 comes from the term IE_1 2 and has the form exp[Imkj(x)]. The spectral
power as a function of x can thus be written from Eq. 2.5.13 as
-2 fo dr1m~ks~= P(zo) e -o (2.5.14)
From this, the power transmitted and absorbed is easily obtained. Fig. 2.6 (a) is a
plot of k 2/5 for the ion Bernstein wave, fast wave, and slow wave as a function of the
toroidal major radius for a plasma with 1% deuterium. The value of k2 is obtained
by solving the electromagnetic dispersion relation for an homogeneous plasma at many
spatial locations radially across the plasma. The dotted lines correspond to (Im k2)1/ 5
and represent spatial damping. Fig. 2.6 (b) is a plot of P(x)/P(xo) corresponding
to Fig. 2.6 (a). This is obtained by evaluating Eq. 2.5.14 for the value of Im[kj(x)]
for the ion Bernstein wave shown in Fig. 2.6 (a). Linear power absorption of ion
Bernstein waves due to ion cyclotron damping is very strong even at large ion cyclotron
harmonics. Figure 2.7 shows the effect of increasing the deuterium concentration on
the ion Bernstein wave ion cyclotron absorption.
Electron Landau damping can be approximated the same way as for ion cyclotron
damping (Eq. 2.5.14). Landau damping is typically not as localized as the narrow ion
cyclotron absorption region. A more careful and detailed look at power absorption
will be given in section 2.7 where ray tracing and the associated change in ki due to
toroidal effects can be incorporated in evaluating the power absorption.
2.5.5: Wave Energy
The energy in the ion Bernstein wave is mainly in the kinetic motion of the ions as
they slosh back and forth in the wave potential. This is why the mode is sometimes
described as a sound-like mode. This can be seen by examining the terms in the
full expression for the k and w spectral component of the energy flux of a wave in a
dispersive medium[19]
Sk, W x O,- (k, w)*S 8ir= E* x BI. - E* .Eky. (2.5.15)
The first term in Eq. 2.5.15 represents wave electromagnetic flux or Poynting flux; the
second term represents wave energy in particle motion. A comparison of the magnitude
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Figure 2.6 -(a) Dispersion relation of ICRF modes in a tokamak plasma. The
imagi"ary part of ks (dotted lines) indicates linear wave damping. (b) Nor-
malised power evaluated from the WKB approximation. Power absorption is due
both to electron Landau damping and ion cyclotron damping. Plasma parame-
ters: plasma current = 250 kA, Bo = 7.6 T, f = 183.6 x 106 s-1, kii = 0.16 cm- 1 ,
n.0 = 2 x 1020 m- 3 (parabolic radial profile), To = 900 eV, T.o = 1600 eV (both
Ti and T. have parabolic radial profiles).
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Figure 2.7 -Linear absorption of ion Bernstein wave power in a tokamak plasma
for various deuterium concentrations. Plasma parameters are the same as in Fig.
2.6.
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of these two terms for the ion Bernstein wave can be made as follows. Using the Faraday
law and the approximation to the ion Bernstein wave polarization from Eq. 2.4.32, the
electromagnetic term can be written as
EL, x Bk- = 21E.,I 2 inmin. (2.5.16)
Using the approximation to K.. (Eq. 2.4.6), the plasma term can be written as
&e(k, w) c S2E - k -Ek- = D2 (2.5.17)
An appraximate expression for Sky for the ion Bernstein wave is now
Sk,,. = 2 c EY12!!n_ [n2+S) (2.5.18)
The ratio of electromagnetic energy to plasma kinetic energy is approximately n2/S.
Typically, this ratio is small compared to unity and the kinetic term dominates over
the electromagnetic term.
Another characteristic of the ion Bernstein wave is that it is a backward wave in
the direction perpendicular to the background magnetic field. This means that the
perpendicular phase velocity and group velocity are antiparallel. This is easy to see
graphically by examining a plot of the dispersion relation such as in Fig. 2.1 . The
perpendicular phase velocity of a wave described by a point on the e = 0 curve (w is
chosen not to be close to a cyclotron harmonic) is proportional to the slope of a line
connecting that point and the origin. Analytically, this is written as
i - Vph = i O. (2.5.19)
The perpendicular group velocity is proportional to the slope of a line which is tangent
to the e =0 curve and runs through the point corresponding to the wave. Analytically,
this is approximated from Eq. 2.4.32 as
. Ow;i -V9 
-
2wF wOS w8T
2 + -- - T (2.5.20)
- w (25?1)
~ -n-2 (2.5.21).
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The term inside the square braces is positive definite for w < 211 therefore it is clear
that v v - p_ < 0 indicating that the wave is indeed backward.
It is often convenient, when considering a wave packet trajectory, to calculate the
ratio of the perpendicular and parallel group velocities and to define this ratio to be
the tangent of an angle 0, thus
tan =0 (2.5.22)
This can be appraximated as
tanO SI . (2.5.23)P I'l
It is easy to see that the propagation angle is a function of ki (unlike lower hybrid
waves).
2.5.6: Inhomogeneous Plasma
A self-consistent analysis of wave propagation and damping in an inhomogeneous
plasma is very important in understanding and interpreting plasma heating and con-
finement experiments which use radio frequency power. The analysis should include the
excitation of plasma modes by an antenna structure, the propagation of these modes
through an inhomogeneous and dispersive medium, and the resulting power deposition
due to Landau damping, cyclotron damping, or collisional damping. Such analysis
predicts quantitatively the antenna-plasma coupling and the radial power deposition.
Antenna coupling information is useful for designing an antenna which preferentially
excites one mode and couples power to the plasma efficiently. The information regard-
ing power deposition is essential for studying the time evolution of particle distributions
as well as the evolution of the macroscopic plasma parameters such as the temperature.
As stated earlier, the correct description of modes in an inhomogeneous plasma is
given by a complicated integral equation. However, assuming that the plasma is weakly
inhomogeneous allows one to develop a tractable model for this problem. Physically,
the meaning of weakly inhomogeneous is that the fractional change in the magnitude
IQI of a plasma quantity Q over one Larmor radius is small compared to unity. Math-
ematically, this condition is expressed as
pVQ = - << (2.5.24)1Q IQ s
where pi is the Larmor radius of the ion and 1, is the scale length of the inhomogeneity.
This permits the dielectric tensor (as well as the Vlasov equation) to be expanded in a
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Taylor series with the expansion parameter kpi. In the case of ion Bernstein waves,
the electric field is usually the quantity which exhibits the largest fractional change
over one Larmor radius. The reader is referred to references 13, 24, 30, 31, 32, 33, 34,
and references therin, for further details of applying this approximation to the problem
of waves in an inhomogeneous plasma. The weakly inhomogeneous approximation is
usually not as strict as the WKB approximation except in regions where k ;pi s close
to unity.
The general characteristics of ion Bernstein waves in a weakly inhomogeneous
plasma are nearly the same as in an homogeneous plasma because the wavelength of the
wave is very short compared to the typical scale length of a plasma inhomogeneity For
example, the mode is still sound-like, is primarily longitudinal, and is damped linearly
at cyclotron harmonics. One new feature that the inhomogeneous plasma modification
describes is the mode conversion of the ion Bernstein wave to a fast wave and vice-
versa. The inhomogeneous plasma model also gives a more quantitative result to the
coupling, propagation, and linear absorption problem.
The remaining part of this section will briefly outline some of the current models
used to describe inhomogeneous plasmas and will mention some of the features of these
models.
2.5.7: Weakly Inhomogeneous Plasma Models
Sy et al.[24I suggest a completely analytical model which describes the problem of
a current sheet in a vacuum exciting waves in a slab plasma. The only inhomogeneous
region in this model is the transition from vacuum to plasma which is treated as a step
discontinuity. Coupling to the fast, slow, and ion Bernstein modes is calculated. The
dielectric tensor element K,. retains the only finite Larmor radius effect. The main
physics involved in this model lies in formulating one additional boundary condition
required at the vacuum-plasma interface. There are three outward propagating modes
in the plasma which must match onto two modes in the vacuum, thus five boundary
conditions are required. Four of these conditions come from the usual continuity of
the tangential electromagnetic field quantities. The details of the fifth boundary condi-
tion (the x derivative of E. at the vacuum-plasma interface) are not clearly explained.
According to the authors, however, it can be derived by integrating the wave equa-
tion across the vacuum-plasma boundary. This apparently involves the assumption of
a certain value for the dielectric tensor on the vacuum-plasma boundary. Enforcing
mathematical consistency to the resulting equation produces the required boundary
condition. This additional boundary condition seems to reflect more of the particular
choice of boundary discontinuity than of the actual physics of the problem. The incon-
sistency of this model is that the additional boundary condition is derived from a wave
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equation which assumes a weakly inhomogeneous plasma; yet, the boundary condition
is derived at a severe discontinuity. In spite of this inconsistency, the model predicts
general characteristics of antenna loading which agree qualitatively with experiment.
This result suggests that this simple analytical model may contain much of the essential
physics of the antenna-plasma coupling problem. However, the model is not reliable
and may only give correct results within a limited regime of plasma parameters.
Fukuyama, Itoh, and Itoh[30,31] have formulated a generalization of the Sy et
al. model. In their model, the plasma is stratified into many homogeneous slabs with
discontinuous plasma parameters from one slab to the next. The wave boundary condi-
tions between slabs can also be obtained, according to the authors, by integrating the
wave equation across a slab boundary. This is a similar but more general approach as
was taken in the Sy et al. model. Although this model may be an improvement to the
single slab plasma in the Sy et al. model, the boundary conditions between slabs are
derived from a wave equation which assumes a weakly inhomogeneous plasma and this
again is inconsistent with the severe discontinuity between slabs. This model also pre-
dicts antenna loading and plasma electric fields which have the general characteristics
of the experimentally observed values.
Skiff[13] describes a model for waves in an inhomogeneous plasma which consists
of a self-adjoint wave equation. The self-adjoint property is imposed to uniquely de-
termine the procedure for expanding the dielectric in terms of the operator pj ". The
plasma spatial dependence is arbitrary except that all profiles must be continuous and
must satisfy the weakly inhomogeneous criterion. Boundary conditions are obtained
from the Maxwell equations except where these conditions would predict unobserved
behavior. In this case, modified boundary conditions are used which predict the ob-
served behavior. The solution for the electric field spatial dependence is obtained by
numerically integrating the wave equation through the inhomogeneity and imposing
the boundary conditions. As a result of the self-adjoint property of the wave equation
this model does not include wave damping. The lack of wave damping is not severe and
generally can be appraximated rather well by imposing an outward radiation condition
on any wave power which reaches the absorption region. The Skiff model shows quite
good agreement with the measured loading from an ion Bernstein wave antenna in the
ACT-I torus at Princeton (see Ref. 13).
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2.6: Description of the Brambilla Coupling Model
2.6.1: Introduction
Brambilla[35lhas developed a coupling model and a computer code implementing
the model which quite successfully calculates the antenna plasma loading for the ion
Bernstein wave experiments on Alcator C. Because of its availability and reliability,
the Brambilla code was used to model and study the antenna-plasma coupling charac-
teristics of the Alcator C ion Bernstein wave antenna. It is not necessary to describe
the Brambilla model in great detail here since this is done in Ref. 35. The following
discussion however, will outline some of the important physical features of the model
and will mention some of the numerical procedures used in the computer code.
2.6.2: Physical Features of the Coupling Model
The toroidal geometry is approximated by a slab model where the coordinates
(Z, y, z) correspond to the radial, poloidal, and toroidal directions, respectively. Cur-
vature and shear of the magnetic field lines are neglected. The plasma parameters are
assumed to vary only in the z direction and the static magnetic field is in the z direc-
tion. The wave field is decomposed along y and z (ignorable coordinates) as a double
Fourier sum. The toroidal and poloidal wavenumbers nz = ck,/w and ny = ck/w are
discretized as in the equivalent toroidal problem:
c
n. = WRn4 (2.6.1)
w T
ny = - (2.6.2)
wa
where nO and mo are integers and RT and a are the major and minor radius of the
plasma, respectively. Figure 2.8 shows the antenna and plasma geometry used in the
model. The spatial profiles in the main plasma region and scrape-off region can be
arbitrarily specified. The direction of antenna current and Faraday shield are also
arbitrary The current in the antenna is assumed knownt and the vacuum solution
(the solution within the region between the plasma and the antenna back plane) is
expressed in terms of the plasma surface impedance matrix. This matrix expresses
the linear relation between the electric and magnetic field components at the plasma
t Because the current is assumed known, the field solution is obtained in a non-selfcon-
sixtent mannr.
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surface. Thus,
EV(O) = Z 11BX(O) + Z12By(O) (2.6.3)
E4(0) = Z 21BZ(O) + Z22By(O) (2.6.4)
All quantities in Eqs. 2.6.3 and 2.6.4 are functions of n and n. and (0) indicates
evaluation at the plasma-vacuum interface. The surface impedance matrix elements
Z:, contain all of the physics of wave propagation through the inhomogeneous plasma
and are obtained by solving the wave equation in the plasma.
The wave equation used in the Brambilla model includes electron Landau damp-
ing, ion cyclotron damping, and a form of collisional damping. The equation, which
is formally sixth order in a/&c, is solved twice (with two linearly independent initial
conditions) to give two independent solutions. A linear combination of these solutions
is then constructed to satisfy the boundary condition far away from the antenna (ra-
diation condition or reflecting wall). The method of solving the wave equation uses a
finite element discretization with cubic Hermite interpolating functions. Numerically,
this method can be more accurate than a multistep method (for example, a Runge-
Kutta method). An additional advantage of this method is that the energy equation
is automatically satisfied to a high accuracy. The details of this method are given by
Brambilla in Ref. 36.
The model predicts the fraction of power coupled into both the ion Bernstein wave
and the fast wave; the slow wave is cut-off for the cases of interest. The power which
is electron Landau damped, collisionally damped, or ion cyclotron damped is also
calculated. Typically, the fraction of power coupled into the fast wave is not more than
10-20% and depends on the magnetic field at the antenna. On one hand, for the case
of optimal ion Bernstein wave coupling (w/fl4 ~ 1.95) the fast wave power fraction is
small (< 20%). On the other hand, for the case of poor coupling (w/0fl , 2.1) the
fast wave power fraction can reach values as high as 90%. More details of the coupling
measurements and interpretation of the code results will be given later in Chapter 5.
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2.7: Ray Propagation and Damping
2.7.1: Introduction
The ideal way to obtain the power deposition profile of radio frequency power
absorption in a toroidal plasma is to solve for the exact electromagnetic fields within
the entire torus. Power deposition is then easily calculated from the energy equation[37]
9W V S -J E. (2.7.1)
at
The term on the right is the total power density absorbed by the plasma, W is the
instantaneous stored energy in the electric and magnetic field, and S is the Poynting
vector.
Solving the Maxwell equations in a hot, inhomogeneous, magnetized, and toroidal
plasma is a complicated problem and only simplifications to the full problem have been
solved. In the case of ion Bernstein wave heating, the wavelength is relatively short
in the perpendicular direction (direction across the magnetic field) thus, ray tracing
techniques, which rely on the validity of the WKB approximation, can be used to predict
power flow and absorption in the bulk plasma. The following section is a discussion of
the model used to calculate ion Bernstein wave ray tracing and power absorption in
Alcator C.
2.7.2: Theory of Ray Tracing
The theory of ray tracing and power absorption has been discussed previously by
several authors [19, 38, 39]. Numerous authors [40, 41, 42, 43, 44] have studied wave prop-
erties in a plasma using ray tracing codes which numerically implement the theory. The
following discussion will review some of the important results of toroidal ray tracing,
making use of the formalism of the previous authors and noting specific application to
Alcator C where possible.
Figure 2.9 shows the geometry in which the ray tracing equations are expressed.
A point in the plasma is specified by the three coordinates p, 6, and 4. At this
same location, the ion Bernstein wave vector k is expressed in terms of the conjugate
momentum coordinates kp, m, and n where
k, = k -A; m = k - ; (2.7.2)
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and R = RO + p cos 0 (see Fig. 2.9). The wave vector can now be written as
k =Ik,, + O+ . (2.7.3)
The WKB appraximation allows the dispersion relation to be expressed in the
homogeneous form and evaluated with the local values of the plasma parameters. In
the same spirit of this approximation, a coordinate system is constructed at each point
along the ray so that the local magnetic field direction is along the 2 (or parallel
11) direction. The i axis is then positioned along the component of the wave vector
perpendicular to 2 (this defines the perpendicular I direction). The components of the
wave vector k are then given as
k11(kp,m,n) = B B (2.7.4)
kj(kp,m,n) = k - k11  (2.7.5)
and all points along the ray trajectory satisfy
D(p,0,0, k, k 11, w) = 0 (2.7.6)
where D represents the dielectric function or dispersion relation. It has been shown
previously[38] that the function D has the property of a Hamiltonian describing the
trajectory of the ray in p, 0, and 0 space with momenta k,, m, and n. The equations
of motion for the ray are
OD O/8D 8, (2.7.7)
9D aD &m ~(2.7.8)
aD W n (2.7.9)
aD W ap (2.7.10)
O,9D 00D (2.7.11)
9D / 69D 80(2.7.12)
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Figure 2.9 -Tokamak geometry used for ray tracing.
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It is now assumed that the plasma has no explicit dependence on 0 (neglect tor-
oidal field ripple) and that there is no radial component of the magnetic field (neglect
equilibrium Shafranov shift and assume concentric circular flux surfaces). As a result,
the toroidal momentum n is a constant of the motion and the magnetic field can be
written as
B =BOO + B9. (2.7.13)
The explicit expressions for kIc and k1 are now
kl = (kOB 9 + koBO)IBI
1 [m89 nBa,
-B1 mB + J (2.7.14)|B| p RI
2 1/2
k = [k + 2 + - k2. (2.7.15)
Using these equations, the kP, m, and n derivative operators in Eqs. 2.7.7-12 can be
cast into the following form
8 8 (2.7.16)
(2.7.17)
Om ~p p akL p {B| Okgl
- = -
-9 + BO .9 (2.7.18)5n R j i R|Bkk
This form is preferable since D is expressed as a function of k 1 and k1l and now the
momentum derivatives are also expressed in terms of kIc and k11. The next step is to
carry out all the necessary derivatives of the dispersion relation and obtain analytic
forms of the ray equations. The equations used for Alcator C ion Bernstein wave ray
tracing were derived assuming an isotropic Maxwellian distribution function with an
MHD equilibrium having no Shafranov shift and concentric circular flux surfaces.
The solution to the ray equations is generally best obtained by numerical methods.
The equations are numerically integrated forward in time after specifying the initial
conditions. The six ray equations are first order ordinary equations and in principle,
it is necessary to specify the six starting values of the ray position and momentum.
Since the initial conditions must also satisfy the dispersion relation, only five initial
conditions can be freely chosen. Usually, these are the three space coordinates and two
Section 2.7: Ray Propagation and Damping 61
components of k. The launching structure typically determines ko and ko; k, is then
calculated by solving D = 0.
The ray equations are integrated numerically using the algorithm described in Ref.
45. This is a variable order and completely variable step size version of the Adams
formulas[45, 4 in a predictor corrector combination. The accuracy of the integration
can be estimated by calculating the variation of D(x, k, w) from zero, normalized to
the largest term in D(x, ko, wo) (where ko and wO satisfy the dispersion relation ex-
actly). Typically, this variation is found to be ;< 10-. Figure 2.10 shows the toroidal
and poloidal projection of the ray trajectories of a bundle of ion Bernstein wave rays
which are launched from the low field side of the tokamak. To understand the spatial
trajectory of a single ray, it is helpful to write out the velocity components of the ray.
These are as follows:
'P = -2kvgI; Ve = -= -BOII - 2 kovgj (2.7.19)
where vg_ and vgg are the perpendicular and parallel group velocities, respectively. At
the plasma edge where the density and temperature are low, the parallel group velocity
dominates over the perpendicular velocity so it is easy to see that the ray begins to
propagate along the magnetic field line. The ratio of v4 to VO is just BO/Bg. The
parallel group velocity is a function of kII and in exceptional cases, for kIl very small,
the ray may propagate radially. As the ray propagates along the field line, the magnetic
field increases and the poloidal mode number m changes in a way which decreases the
magnitude of kJc. When m achieves a value of -nq where q is the local toroidal safety
factor
pB4~
q = RBO (2.7.20)
kI =0 and the group velocity in the 11 direction becomes zero. As a result, the ray reflects
toroidally; m continues to change, kgl reverses sign, and the ray begins to propagate
toroidally in the reverse direction. The change in 0 momentum m is driven by the 0
derivative of D. Since the only 0 dependence in D is of the form p cos 0, the rate of
change of m can be simply expressed as
oc p sin 0. (2.7.21)
(P 8 Cos 0)
and m is stationary when the ray crosses the 0 = 0 plane. At 0 = 0, m achieves its
largest magnitude and then begins to decrease bringing ki, toward zero for another
62 Chapter 2: Description of Ion Bernstein Modes
toroidal reflection. Roughly speaking, the ion Bernstein wave ray bounces back and
forth toroidally as it propagates radially into the plasma.
It is a bit worrisome that ki becomes zero at the toroidal bounce points. This
means that the parallel wavelength increases to o and the WKB approximation may
not be valid here. In theory, this is true and ray tracing is not completely valid for the
ion Bernstein wave. An exact wave solution is required to estimate how far beyond the
WKB bounce point the ray might tunnelt . The edge region presents another location
where ion Bernstein wave ray tracing is not entirely justified. Here the scale length of
the plasma parameters is small and the WKB method is not a good approximation.
This difficulty is overcome in the Brambilla code by treating the edge region with a
full wave analysis. The full wave solution gives the relative magnitude of the spectral
components of the wave entering the plasma. The ray tracing method can then be used
to accurately propagate these spectral components into the inner plasma.
2.7.3: Linear Power Absorption
Following the discussion of Brambilla[]the toroidally averaged power transport
equation is given as
dP,.(kz) do. e ,. - eA(k, w) - ek, rk)(..2=P(~ - - ' P,.(kw) (2.7.22)
di di cK(v Tku,)
Here, CA is the antihermitian part of the dielectric tensor
EA C- (2.7.23)
ekw is the unit electric field polarization vector, K = (k + k2)1/ 2 , and Tk", V, and
de/dt are defined as
Tkw = - k -,(kJ e ) e ek,. (2.7.24)
um k"A+ 9d k2 + (m)](2.7.25)
t The scale length of the plasma parameters along the parallel direction is on the order
of the tokamak major radius (for q on the order of unity) and tunneling may be small
in this case. If this is true, ray tracing (and the WKB approximation) may still be
approximately valid even at the toroidal bounce points.
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Figure 2.10 -Ion Bernstein wave ray trajectories. (a) Poloidal projection. (b)
Toroidal projection. The numbers indicate the major or minor radial locations in
centimeters. Plasma parameters: Bo = 7.6 T, no = 2.25 x 1020 m- 3 , TH = 900 eV,
T. = 1600 eV, plasma current = 250 kA.
(a) Poloidal Ray Projection
i5 10 5
Toroidal Ray Projection
78 52 26
(b)
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de- / OH OH \ OHd - k P +mO OH / 18 (2.7.26)
and
H egw -eH -k,, (2.7.27)
where eH is the hermitian part of the dielectric tensor
e [ e[+6et. (2.7.28)
The numerator in Eq. 2.7.22 is proportional to the local damping decrement and the
denominator is proportional to the projection of the direction of power flow onto the
normal to the phase front. This calculates the effective surface area across which the
power flows.
It was shown earlier (subsection 2.5.4) that for the ion Bernstein wave, power ab-
sorption can be estimated by a simple WKB model. A more accurate power absorption
calculation can be obtained by solving the power transport equation (Eq. 2.7.22) with
the ray equations. This procedure allows the value of kl to change as the ray propagates
into the plasma center. The local value of kil can then be used to calculate the damp-
ing of the wave power along the ray trajectory. Usually, the radial width of significant
power absorption is small (for ion cyclotron absorption) and k1l doesn't change much
within this region. However, the ray equations are necessary to determine the value of
k1l at the time the ray reaches the absorption layer and this value can be significantly
different than the initial kIe. The complete absorption calculation is done as follows.
A coupling model is first used to determine the power coupled into the plasma as a
function of kO and k#. This result is referred to as the kO, k9 power spectrum. Then
the power spectrum is discretized and a large number of rays are selected so that each
ray represents the average kO, ke, and power associated with a discrete portion of the
spectrum. Finally, the ray trajectories as well as the power deposition is calculated. A
check on the accuracy can be made by increasing the number of rays which are traced
and checking the constancy of the power deposition.
The power deposited in the plasma is now known as a function of radius. It is
not important to keep information regarding the poloidal and toroidal dependence of
absorbed power since it is assumed that the transport of energy in these coordinates
is fast compared to transport of energy in the radial direction. Thus, the energy can
be averaged poloidally and toroidally. The important physics lies in the radial power
deposition and its effect on radial energy and particle transport.
Now that ion Bernstein wave power deposition can be calculated, it is important to
consider the potentially detrimental effect of impurities on ion Bernstein wave power
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absorption. The plasma generally has very low concentrations nimp/ne < 0.01 of
carbon, oxygen, molybdenum, iron, cobalt and other non-hydrogen elements generally
referred to as impurities. It is possible that a particular cyclotron harmonic of one of
the ionization states of an impurity will be resonant with the ion Bernstein wave power
somewhere between the antenna and the region of intended power absorption. This
situation is detrimental if impurity power absorption occurs in the outer radial portion
of the plasma. In this case, any power absorbed by the impurity is essentially lost (i.e.,
it is not important to the main plasma power balance). Impurity power absorption can
occur for the following condition
S A- (2.7.29)1W 12  L f1H
where is the value of 1 at the launch point (1) or the intended absorption
point (2) (it is assumed that R1 > R2 ); Zr is the impurity charge and depends on the
ionization state; AI is the impurity atomic mass number; and m is an integer which
indicates the resonant cyclotron harmonic of the impurity. Figure 2.11 is a summary of
the ion Bernstein wave power absorbed in one pass due to linear impurity absorption.
The magnetic field geometry is shown in Fig. 4.9 (b). Each impurity is assumed to have
an unusually high spatially uniform concentration of nimp/ne=0.01. This concentration
is an higher upper bound. It is clear from the figure that all of the impurities absorb
only a very small fraction of the total power and therefore neither influence the total
power balance nor affect the ion Bernstein wave propagation. The point corresponding
to 4N+6 is an extreme case due to the small value of k1 (the power spectrum contains
very little power at this small value of k1j). Some impurities not shown in the figure
such as molybdenum and other ionization states of iron and chromium have fractional
power absorption less than 10-5. As was mentioned earlier, a small part of the power
coupled into the plasma with the ion Bernstein wave antenna is in the form of the fast
wave. Due to warm plasma effects the fast wave can also be absorbed on the impurities.
A calculation of this absorbed power shows that it is negligible compared to the power
which is absorbed from the ion Bernstein wave. This result can be understood by
recalling that fast wave harmonic absorption at harmonic m t , unlike ion Bernstein
t The ion cyclotron harmonic is defined here as the number m where m = w/fli. Therefore
w=Eli denotes the first harmonic or fundamental ion cyclotron resonance. The alternative
definition, not used here, defines w = 2fl as the first ion cyclotron harmonic.
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wave absorption, is proportional to (kpi)2(m-1) (where kp; << 1)48 and absorption
on impurities usually occurs at high harmonics m Z 3.
The conclusions reached at this point concerning ray propagation and power ab-
sorption are as follows. Ion Bernstein wave ray trajectories begin by following the
magnetic field lines at the plasma edge while slowly moving radially into the plasma.
The magnitude of kl decreases initially and may oscillate around the value of zero.
Each time the value of kii becomes zero the ray reaches a toroidal bounce point where
it reflects toroidally. As the ray bounces toroidally it propagates into the plasma center.
Linear power absorption is accurately evaluated by calculating the local value of k1 in
the absorption region. This calculation is done by solving the ray equations together
with the power transport equation. Linear absorption due to impurities is negligible
and power absorption due to low harmonics of hydrogen or deuterium is very strong.
2.8: Nonlinear Power Absorption
2.8.1: Introduction
The linear theory of plasma waves is obtained by assuming that the ratio of wave
energy density to plasma kinetic energy density is small. When this condition is vio-
lated, higher order terms in the perturbation expansion of the Maxwell-Vlasov equa-
tions become important. Keeping these higher order terms in the wave theory gives rise
to various nonlinear plasma wave effects. One obvious region where nonlinear effects
might be important in a tokamak for ion Bernstein waves as well as other waves is at
the plasma edge near the coupling structure. Here, the energy density of the antenna
fields is high and the plasma thermal energy density is low. Another potential region
of nonlinear effects, particularly for the ion Bernstein wave, is near an harmonic of a
plasma ion species. Here, if the ion species has a large enough concentration, the ion
Bernstein wave group velocity decreases significantly as w/fli approaches (from larger
values of w/fli) the harmonic number. This causes the wave power to pile up, increas-
ing the energy density in the wave. If the wave energy density becomes comparable to
the local thermal energy density then nonlinear effects may become significant.
It is possible to obtain a good description of nonlinear plasma effects by constructing
a theory which treats the nonlinear terms as a perturbation to the linear theory. This
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ION BERNSTEIN WAVES
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Figure 2.11 -Ion Bernstein wave power absorption in one pass for a variety of
plasma impurities.
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method rests on the validity of the weak turbulence approximation which is discussed
in Ref. 49. This approximation will be assumed throughout this section.
This section reviews some of the important results of nonlinear plasma wave theory
and discusses their application to ion Bernstein wave power absorption in a tokamak
plasma. The matrix element, which appears in the spatial mode equation and.which
describes the intensity of the nonlinear interaction is given and some numerical results
of integrating the spatial mode equation to calculate power absorption are shown.
2.8.2: Ion Bernstein Wave Nonlinear Effects
Two nonlinear effects of the ion Bernstein wave will be considered here. One is
the self-interaction of the wave at an odd half-integral cyclotron harmonic[18] and
the other is the decay of the wave into another ion Bernstein wave and a nonreso-
nant quasimode[50]. Both of these interactions have been discussed in the literature
[50, 18, 51, 52, 53]. There is also a third nonlinear effect of the ion Bernstein wave which
gives rise to power absorption and results from particle trapping. This has been de-
scribed by Abe[171 and will not be discussed here. References 49, 51, 52, 53, 54, and
references therin, are quite useful for the reader who wishes to study the details of these
processes.
The goal of most nonlinear plasma wave theories is to obtain a wave kinetic equation
which describes the space and time dependence of the electric fields involved in the
nonlinear process. Once this equation is obtained, the electric field can in principle
be calculated. Using the electric field solution, one can determine the depletion of the
incoming wave as it transfers its energy to other waves or plasma particles through the
nonlinear process. The following outline of nonlinear plasma wave theory and major
results pertinent to the ion Bernstein wave follows the discussion of Rosenbluth, Coppi,
and Sudan[54] for nonlinear plasma effects on electrostatic waves.
In the electrostatic approximation, the electric field and wave potential are related
by
E =-VO (2.8.1)
and the energy density of a Fourier wave mode k can be expressed as
IEkI2 geUk = W (2.8.2)
87r &L'J
where lEk is the wave electric field amplitude and e is the dielectric function. The
corresponding momentum density is given by
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|EkJ2 ae
Pk = k-. (2.8.3)71r bwn
It is assumed that w = wR + i7 where -y << w. It is convenient to define an effective
occupation number
IEk 2  (.4Nk = (2.8)
which is positive definite. Then expressions for energy and momentum density become
Uk = wkNkSk (2.8.5)
Pk = kNkSk (2.8.6)
where
8e
Sk = agn -. (2.8.7)
The weak turbulence approximation49 is assumed, hence, the energy in the waves
considered is small compared to the total energy of the system.
Nonlinear Landau damping is a process where two waves mix to produce a virtual
beat wave. Resonant particles then interact with this beat wave through the usual
process of cyclotron or Landau damping. The goal in a theory describing this is to
calculate the scattering of a wave k" by a shielded or 'dressed' particle into a wave k.
The condition for a particle in a strong magnetic field to be in resonance with waves k
and k" is
wi' + w - (kf1 + k 11)v 1; = mfl; (2.8.8)
where 0i is the ion cyclotron frequency and m is an integer. Considering the waves
and particles to be a statistical system, the principle of microscopic detailed balance
can be used to derive a kinetic equation for Nk. The actual derivation of the kinetic
equation requires explicit use of the Vlasov equation.
Applying the principle of detailed balance, the rate of change of Nk is given by
summing the rate of creation and destruction of Nk
(9Nk
-= [Creation Process + Destruction Process}. (2.8.9)
It can be shown that a stationary state for Nk (Nk = constant) is achieved for a
Maxwellian distribution of velocities for the particles and a Planck energy distribution
for the waves.
In the classical limit, Nk >> 1 and for Nk << Nki, the wave kinetic equation
becomes
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Ok= jVkkn(E) 12 f(E) Nkit. (2.8.10)
This describes a wave k" scattering from a distribution of particles f(E) where the
parameter E represents the particle energy, k is the wave vector of the scattered wave,
and Vk,ks(E) is the matrix element which describes the strength of the interaction. The
matrix element contains all of the physics of the wave-wave-particle interaction and
has been calculated from the Vlasov equation by Rosenbluth and Rostoker55]. Using
their result one finds that the scattering from the particle is the sum of two terms.
The bare particle (without shielding) gives the usual Compton scattering term and the
shielding cloud gives the other term. These two terms tend to cancel each other in the
limit of small kjp;; however, the scattering can become significant for kjp; > 1.
Once the wave-wave-particle scattering is known the next step is to obtain an
equation for the spatial dependence of the pump wave Ek: and the scattered wave Ek.
Porkolab and Chang[52] have obtained these equations for modes with finite k1j. More
recently Porkolab[8] has given the spatial mode equation for Ek as
49E1 + akEk = / Lk,k"IEkn|2Ek (2.8.11)
where ak is the linear spatial damping rate of the wave in the z direction
ak . (2.8.12)
The quantity Lkk is the nonlinear matrix element and is given by
mni w4  W exp[-(w' - mfl) 2/(k'vt) 2]Lkjr k- = i -1 (2.8.13)k' vti n 4V/7 noxTi
where W is
W 0 A - .CID (2.8.14)
[(I - S)2 - j][(1 _ p)2 - 1]
and the energy and momentum of the quasimode or virtual wave which resonates with
particles is given by
,' = w w"; k' = k k". (2.8.15)
The quantities A, B, C, and D are given by
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A = j J,(z)J,(z)J-.m(z")J..-m(z") (2.8.16)
B = f d JP(z)JM(z')JP-M(z") (2.8.17)
C = B(p -+ a) (2.8.18)
D dg J2(z' (2.8.19)
where
e-124;2 2! (2.8.20)
2t ti
and
Z= z/= k' z" =k(2.8.21)
f0; f0 0;
The value of 1W is plotted as a function of kjpi in Fig. 2.12 for three values of m.
2.8.3: Self-Interaction of Ion Bernstein Waves
A wave with frequency w = yfl can interact with itself to yield nonlinear Landau
damping or instability. Only the case of m-odd is allowed by the dispersion relation.
In this case,
k' = 2k; w' = 2w = mf; (2.8.22)
and Eki, = -Ek. Equation 2.8.11 can now be written as
OEk
+ akEk + Q(Z)jEkl 2 Ek = 0 (2.8.23)
where Q(z) in a radially varying magnetic field has the form
-A22 mi 1W W4  e-C2
Q() =Qoe C'. _. (2.8.24)
2klltvti 4V/ '7 il 3nor.T;
Typically ak is small (ak << 1/Az where Az is the length of the nonlinear interaction
region) and Eq. 2.8.23 predicts a threshold value in the pump electric field which is
required to produce at least a ~40% reduction in the pump field amplitude after passing
through the nonlinear interaction region. Porkolab[52] has obtained an expression for
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Figure 2.12 -Numerically calculated values of IW| an a function of kjpi for
m = 3,5, and7.
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the threshold power flux necessary in the pump wave to cause at least a ~ 63% power
absorption in the case where k1 is slowly changing through the interaction region (the
quantity W is nearly constant). Porkolab points out that in the presence of impurities
or a minority such that
-j = -- (2.8.25)
mi 2n
where Zi, (mi) is the charge, (mass) number of the impurity or minority, m is the odd
integer describing the self interaction, and n is any positive integer, the ion Bernstein
wave dispersion relation can be significantly modified and this can reduce the threshold
power. The reason for this is that 8e/kI is reduced by the presence of the minority
species and W becomes a strong function of position within the interaction region. In
this case, the spatial dependence of Ek from Eq. 2.8.23 is best evaluated numerically.
Figure 2.13 shows the spatial dependence of the pump wave power for both the cases of
no minority and deuterium minority for several initial pump powers. In the numerical
calculation, the threshold power is defined as the power necessary to produce a 63%
power flow into the nonlinearly absorbing species. The wave power is assumed to spread
out over an area S = 2A where A is the antenna surface area (- 100 cm 2 ). In the case of
deuterium minority, the linear cyclotron absorption on deuterium (w = 30D) competes
with the nonlinear absorption at w = 1.5flH. When the nonlinear power threshold
is exceeded, the nonlinear absorption depletes a large fraction of the incoming pump
power before linear damping begins to occur.
2.8.4: Ion Bernstein Wave Decay
Another nonlinear process related to self-interaction and described by precisely the
same physics is the decay of an ion Bernstein wave into another ion Bernstein wave and
a quasimode. This process has been described by Porkolab in Ref. 50. The application
of this process to ion Bernstein wave heating becomes important when the quasimode
is resonant with a particular plasma ion species. For example, an ion Bernstein wave
with w/OfH = 1.6 might decay into another ion Bernstein wave with w/[1H = 1.1 and
a quasimode at w/OH = 0.5. If the plasma contains deuterium, the quasimode will be
resonant with the deuterium first harmonic. The result is that the deuterium species
will absorb power from the pump ion Bernstein wave. The strength of this interaction
is determined by the value of JWJ given in Eq. 2.8.14.
To study this decay process in a tokamak geometry near w = 1.50H the value of
IW was computed numerically for a pump wave with w/H = 1.5 + x, a decay wave
with w/OfH =1+ z, and a quasimode with w/OfH = 0.5 for 0 < x <0.35. Since the pump
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Figure 2.13 -(a) Nonlinear power absorption of ion Bernstein waves in a pure
hydrogen plasma at the hydrogen 3/2 harmonic for several initial powers. A small
fraction of power is absorbed by electron Landau damping. (b) Power absorbed
by hydrogen (nonlinearly) and deuterium (linearly) for 5% and 10% deuterium
concentrations. The presence of deuterium reduces the threshold power. Plasma
parameters: n.o = 1.5 x 1020 m-3, To = 900 eV, T 0 = 1600 eV, Bo = 7.6 T,
f = 183.6 x 106 s-1, k1l = 0.16 cm- 1 .
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depletion occurs from the nonlinear interaction with the deuterium species, the values
of kLp 1 used in evaluating IWI must be given by the values of kCPD corresponding
to the values of w/H. The result is that the value of IWI increases monotonically
and becomes very large (compared to the value of 1W for the self-interaction process)
as z approaches zero. An estimate of the threshold power for 63% power absorption
by the deuterium species can be made by solving the spatial mode equation for the
pump wave (Eq. 2.8.11) simultaneously with the spatial mode equation for the decay
wave[52]. The initial value of the decay wave is given by the thermal fluctuation level
of this wave in the plasma. The calculated threshold power (~ 50 kW) is of a similar
magnitude as the threshold power for nonlinear power absorption by self-interaction.
Because of the similarity in threshold of the two processes it is possible that as the ion
Bernstein wave power propagates from the low field side of the plasma to the high field
side, power may be absorbed by the deuterium species through the decay process (at
w/OH Z 1.5) before the ion Bernstein wave power reaches the self-interaction region
(w/OfH 2 1.5).
Both the nonlinear self-interaction and decay processes can be important in inter-
preting the experimental results. Since both nonlinear processes are distinguishable,
it may be possible to determine how significantly each contributes to the pump power
absorption. The analysis of the experimental results in terms of the power absorption
mechanisms is discussed in Chapter 4.
2.9: Conclusions
This chapter describes the characteristics of the ion Bernstein wave in a range
of plasma parameters. The difference between the electromagnetic and electrostatic
wave descriptions is shown to be significant for #H > 0.25. Ion Bernstein wave energy,
dependence on kg, wave damping in the WKB approximation, and characteristics in
an inhomogeneous plasma are described. The Brambilla coupling model is outlined.
The ion Bernstein wave ray tracing and power absorption model used for Alcator C is
also described. Power absorption due to plasma impurities is shown to be negligible.
Finally, nonlinear self-interaction and decay of the ion Bernstein wave is shown to be
important for Alcator C parameters.
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CHAPTER
Description of the
Experimental Apparatus
3.1: Introduction
This chapter describes the experimental apparatus used in the ion Bernstein wave
experiments. The first section describes the Alcator C tokamak and lists some of the
important operating paramaters. The second section gives a brief description of the
plasma diagnostics involved in the experiment. Finally, section three describes the ion
Bernstein wave antenna system. Special focus is given to the electrical design and
characteristics of the antenna structure. Ohmic power dissipation is estimated from
the measured radiation resistance and the peak voltage in the system is calculated for
a given power. A brief discussion of the matching network is also presented.
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3.2: The Alcator C Tokamak
The combination of a strong toroidal field and an Ohmic heating plasma current
are the basic ingredients of a plasma confinement device known as a tokamak. The
Alcator (ALto CAmpo TORus, or high field torus) tokamak concept, initially proposed
by Coppi (1970), is an approach to magnetic toroidal confinement which utilizes a very
high magnetic field and a high density plasma in a somewhat small and compact device.
A large, pulsed, toroidally directed magnetic field and toroidal plasma current are used
to confine the plasma particles. The induced plasma current also serves to Ohmically
heat the plasma. Figure 3.1 (a) shows the geometry of a tokamak device, Fig. 3.1 (b)
shows an artist's rendition of Alcator C, and Table 3.1 lists some of the main operating
parameters of the Alcator C tokamak.
Table 3.1
Alcator C Parameters
Major Radius:
Minor Radius:
Toroidal Magnetic Field:
Plasma Current:
Plasma Density:
Electron Temperature:
Ion Temperature:
Energy Confinement Time:
Lawson Product:
Ohmic Heating Input Power:
Ro = 64cm
a = 16.5cm
BT < 13 Tesla
Ip < 800 kA
0.3 x 1020 < fe < 20 x 1020 m-3
Te < 3keV
T < 1.5keV
Tr 5 50 ms
nl7 < 6-8 x 1019 m-3-s
POh < 1.5 MW
Duration of Discharge: ,p. ~ 300--600 ms
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(a)Plasma Surface (p = a)
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Figure 3.1 -(a) The geometry of a tokanak device. The plasma is confined in
the shape of a torus with magnetic fields. The (r, G) plane is the poloidal plane.
The coordinate r is the minor rudiua, R is the major radius, e is the poloidal
angle, 4 is the toroidal angle, and the Z-axjs lies along the vertical centerline. On
Alcator C, a = 16.5cm and Ro = 64cm. (b) The Alcator C tokamak (cut-away
view).
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3.3: Plasma Diagnostics
3.3.1: Introduction
An rf plasma heating experiment which is designed to affect global plasma param-
eters relies heavily on diagnostic measurements which can observe changes in plasma
characteristics and properties. A diagnostic is a device which is specially designed to
measure one or more particular plasma observables such as the line-averaged density,
central ion temperature, visible hydrogen spectral emission, plasma edge potential,
and others. A diagnostic serves at least two important functions. First, it provides
information which can be used to confirm or modify present models of basic physical
processes or extend the regimes of applicability of these models. Second, it provides
information about the response of the plasma to experiments which affect the whole
plasma. The ion Bernstein wave heating experiment relied heavily on a number of
plasma diagnostics. A brief description of these is given in what follows.
3.3.2: Perpendicular Ion Temperature
Perpendicular ion temperature was measured using a charge exchange neutral an-
alyzer[1l. The analyzer provided central plasma ion temperature and ion energy dis-
tribution measurements. Located toroidally one port away (600) from the antenna,
the analyzer viewed the plasma from the low field side of the torus. Radial temper-
ature profiles were obtained on a shot-to-shot basis (requiring about 10-20 shots to
determine a profile) by scanning the analyzer viewing angle in the upward direction
(direction of the ion grad-B drift); the profiles were assumed to be symmetric about
the plasma center. Particle flux from only hydrogen or deuterium could be analyzed
during a single shot; however, switching from hydrogen to deuterium could be done
on a shot-to-shot basis. The analyzer was calibrated over an energy range of about
0.5 keV to 10 keV. The ion temperature was obtained by making a linear fit to the
computed quantity log [Ji(Ei)/VsE] where Ji is the measured ion particle flux and E
is the ion energy. A typical single measurement error in the ion temperature was about
50 eV; however, repeated measurements on identical discharges could reduce this error.
In some cases, the ion flux could be described with two temperatures, one typically
somewhat higher than the other. This occurred when a fraction of the plasma ions
were hotter than the bulk ions.
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3.3.3: Central Electron Temperature and Density
Central electron temperature and density were measured with a Thompson laser
scattering system[2]. The laser light was produced from a Nd:YAG laser source op-
erating at a wavelength of 1.06 pm and providing a 1 Joule pulse every 20 millisec-
onds. The system has operated successfully over a density range of 0.5 x 1020 m- 3 to
7.0 x 1020 m- 3 and a temperature range of 500 eV to 3000 eV. A typical error in the
electron temperature is about i100eV, but can become as high as about ±500eV. The
error in the central density is typically about 0.1 x 1020 m-3.
3.3.4: Line-Averaged Electron Density
Line-averaged electron density was measured with a phase modulated laser interfer-
ometer system[3i. This type of system is insensitive to laser power amplitude variation
and gives a resolution which is independent of phase. Laser light is produced from two
optically pumped CH 30H (methyl alcohol) lasers which operate at the 118.8 pm line.
Plasma in the density range of 1020 m- 3 < n. < 20 x 1020 m-3 produces a phase shift
of 1.0 < 4/27r < 20 for a plasma radius of 12 cm and a nearly parabolic density profile.
The Alcator C system had the capability of measuring the line-averaged density profile
at several different radial locations. For the small size plasma (r = 12 cm was typical
during the ion Bernstein wave experiments) only three density viewing chords passed
through the plasma, one in the center, one near the plasma inner edge, and one near
the plasma outer edge.
3.3.5: Plasma Impurity Level
The impurity level of the plasma was determined by measuring the visible brems-
strahlung plasma emission[4]. The effective ion charge of the plasma is denoted as Zf
and is defined by
= nZ (3.3.1)
where n; and n are the densities of the ion species and electrons and Z; is the ion charge
number. The instrument measured the line integral brightnesses of the continuum
radiation (in the wavelength region near 5360 A) from up to 20 chords at different
radial locations. The value of Zf was then inferred from the measured radiation.
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3.3.6: MHD Activity
Magnetohydrodynamic (MHD) activity was monitored with a soft x-ray diagnostic
described in Ref. 5. The device consisted of a detector system which could image
the poloidal cross section of the plasma's soft x-ray emissivity. Typically, only the
soft x-ray emission from a central chord was monitored during the ion Bernstein wave
experiments.
3.3.7: Edge Ion Impurity Temperature
The edge ion impurity temperature (r/a ~ 0.9-1.0) was determined by measuring
the Doppler broadening of far UV lines from radiation emitted by impurities in the
plasma edge [6]. Typically, radiation emitted from Ov and Ovu was monitored during
some of the ion Bernstein wave experiments. Unfortunately, these measurements were
not carried out routinely during ion Bernstein wave experimentation.
3.3.8: Edge Plasma Density, Temperature, and Floating Potential
An unshielded double Langmuir probe was constructed to measure the plasma
floating potential, electron density, ion temperature, and plasma radial electric field in
the scrape-off region. The separation of the probes was about 2-3mm and the probes
could scan a radial distance of 4-5 cm (3-4 temperature scrape-off lengths). Another
probe containing both a Langmuir probe and a gridded energy analyzer[7]was used to
measure the edge conditions also. This probe, separated by a limiter from the double
probe, measured similar plasma edge characteristics as the double probe.
3.3.9: Plasma Radiation Power Loss
Plasma power loss by radiation was monitored with a bolometer array s]. This array
contained 16 detectors and provided a radial profile of plasma emission. Bolometer data
is only available for some of the ion Bernstein wave heating experiments.
3.3.10: CO 2 Laser Scattering
A C02 laser scattering system was used on Alcator C to measure the density
perturbations resulting from both coherent plasma waves and plasma turbulence9. Dr.
Y. Takase was responsible for operating this diagnostic during the ion Bernstein wave
experiments. The experimental and theoretical details of this type of measurement are
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discussed in References 10, 11, 12, and references therein. The wavelength of laser light
A = 10.6 p&m was chosen so that refraction, reflection, absorption, and emission by the
plasma did not obscure the measurement. The laser frequency was significantly greater
than the electron plasma and electron cyclotron frequencies. The scattering of laser
light is mainly due to the electron motion since the ion acceleration in the laser electric
field is reduced by the electron to ion mass ratio. The scattered power is therefore
proportional to the magnitude of the electron density perturbation. The scattering
angle is determined by the conservation of wave energy and momentum expressed as
ko + k = k, (3.3.2)
wO + w = Ws (3.3.3)
where ko, wo refer to the incident laser radiation and k,, w, refer to the radiation scat-
tered from density perturbations with frequency w and wave vector k. For scattering
from ion Bernstein waves or edge turbulence, Ikol ~ 1k,1 since w << wo and k must
therefore be nearly perpendicular to ko. In this case, the scattering angle is quite small
(cos-'[io - i,] < 60).
A schematic of the C02 scattering diagnostic set-up to measure density perturba-
tions associated with ion Bernstein waves is shown in Fig. 3.2. The horizontal location
of the scattering volume can be altered by moving the lens-mirror assemblies L2-M2
and L3-M3 horizontally. Similarly, the vertical location can be changed by adjusting
the lenses L2 and L3 vertically. The angle 4',, which selects the wave number of the
density perturbation to be observed, is determined by the position of M1. Scattering
experiments to measure low-frequency density fluctuations require a different experi-
mental set-up which is shown schematically in Fig. 3.3 . In this case, the scattering
volume is typically the entire vertical length of the main beam through the plasma.
Scattering angles down to 4, .. 0 (k 1 ~ 0) can be studied for this case.
3.4: Ion Bernstein Wave Antenna System
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Figure 3.2 -The experimental setup of CO2 laser scattering experiments from
ion Bernstein waves. (from Y. Takase Ref. 9.)
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3.4.1: Introduction
The purpose of the Alcator C ion Bernstein wave antenna system is to efficiently
carry power from the source to the antenna structure where it can be coupled to the
plasma in the form of ion Bernstein wave power. The system can be divided into two
major parts:
I. Antenna structure
II. Transmission line and matching network.
Figure 3.4 is a schematic of the entire antenna system. The antenna structure consists
of the T-shaped antenna inside of the vacuum chamber. The transmission line and
matching network consists of the stub tuner system and transmission line connecting
the tuner system and antenna.
Power was supplied to the antenna system from one of three amplifiers. A low
power linear amplifier could supply up to 2 kW of continuous rf power in the frequency
range of about 2 MHz < fo < 200 MHz. For powers up to 80 kW and then up to
450 kW two nonlinear amplifiers with slightly adjustable frequency (±10%) were used.
No power above 180 kW was used during the ion Bernstein wave experiments due to
voltage breakdown problems and plasma disruptions. The remainder of this section
will discuss the details of items I and II.
3.4.2: Antenna Coupling Structure
Ion Bernstein waves were launched from a stainless steel, center fed, T-shaped
movable loop antenna with the center conductor aligned along the direction of the edge
magnetic field and surrounded by a double layer, molybdenum coated Faraday shield.
Figure 3.5 shows a schematic of the antenna. The outer dimensions of the antenna
structure are: width 4 cm, length 25 cm, and height 4 cm. The option of a ceramic
cup between the inner and outer shield is shown in the schematic; however, all data
reported here was obtained without the ceramic cup. This type of antenna has been
used previously for slow wave excitation in mirror devices [13, 14], ion Bernstein wave
excitation in ACT-I[15], and ion Bernstein wave heating experiments at JIPPT-II-
Ui16]. Schmitt[17]also used a long wire antenna to excite ion Bernstein waves.
The wave excitation studies on ACT-I15 confirm that ion Bernstein waves are
best excited when the antenna current is close to being parallel to the direction of
the background magnetic field (as opposed to being perpendicular as is the case for
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Figure 3.4 -The Alcator C antenna system. Power entering the stub tuners
passe through the high VSWR region, through the DC break and into the vacuuxa
break. From the vacuum break, power enters the antenna feed and flows into the
antenna.
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Figure 3.5 -Schematic of the Alcator C ion Bernstein wave antenna.
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fast wave launching). This result can be understood intuitively by considering the
polarization of the antenna and ion Bernstein wave electric fields. The electric field
excited in the plasma by the antenna can be expressed in terms of the scalar and vector
potentials whose sources are the charge and current in the antenna. The direction of
this electric field is mostly parallel to the antenna center conductor and therefore is
also parallel to the background magnetic field. The dispersive property of the plasma
acts mainly to reduce the magnitude of the penetrating electric field due to the large
value of Kz. The field within the plasma arising from the antenna excitation can
be decomposed into a linear combination of the electric fields from all possible plasma
oscillations; the oscillations with electric field polarization mainly along the background
magnetic field will contribute the most to this linear combination. The ion Bernstein
wave at the plasma edge is the only propagating wave with an electric field polarization
mainly parallel to the background magnetic field (Ez/Ez > 1 for k1 > 0). Therefore,
the dominant term in the linear decomposition will come from the ion Bernstein wave.
The slow wave is excited in the vacinity of the antenna due to the antenna reactive
fields. The slow wave is evanescent and therefore carries no power; however, it may
produce some local power absorption. Most of the power can be shown to couple into
the ion Bernstein wave and the remaining power will couple into the fast wave and
possibly certain parasitic modes which propagate in the plasma edge region.
There are two dimensions of primary importance in an ion Bernstein wave metal
loop coupler. The antenna height which is the distance between the central conductor
and return conductor (back plane) and the antenna length. The distance between
the central conductor and return conductor determines the magnitude of the antenna
current necessary to couple a fixed amount of power into a particular plasma. Current
flowing in the return conductor tends to reduce the magnetic field flux from the current
flowing in the center conductor. The electric field along the return conductor also
tends to reduce the electric field along the center conductor. As a result, to keep
the electric and magnetic fields which penetrate into the plasma constant (and thus
keep the power which is coupled into the plasma approaximately constant) the antenna
current and voltage must increase as the the separation between the center and return
conductors decreases. A higher voltage and current for a smaller antenna height means
more Ohmic loss and more likely a chance of breakdown. Too great of a separation
makes the characteristic antenna impedance so large that it is difficult to match to it
with a feed transmission line.
The antenna length partly determines the amount of ion Bernstein wave power
which is electron Landau damped. The kl power spectrum of the ion Bernstein waves
which efficiently couple into the plasma is determined by the antenna geometry (length
mainly) and the plasma coupling function[18]. The plasma coupling function acts as a
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filter to the antenna Fourier current spectrumt . The general result is that less power
is electron Landau damped for a longer antenna assuming that fl >> 7rvte where I is
the antenna length, f is the driving frequency, and vt" = (2T./me)1/ 2.
Based on the above simple considerations it can be concluded that a good ion Bern-
stein wave loop coupler must have a current element aligned along the local magnetic
field, a large separation between the central and return conductors, and an antenna
length which minimizes the electron Landau damped power. Although these parameters
were optimized for the Alcator C antenna, it was primarily the space and engineering
constraints which determined the final antenna dimensions.
3.4.3: Electrical Transmission Line Model
The voltage and current characteristics of the antenna are best understood in terms
of an electrical transmission line model. Before discussing the specific aspects of the
Alcator C ion Bernstein wave antenna it is useful to review some results of standard
transmission line theory.
Using the distributed element model for a transmission line shown in Fig. 3.6 the
limiting differential equations corresponding to this model for the voltage V and current
I are
OV (I
= L- + RI (3.4.1)Dx t
DI DV
-- = CW (3.4.2)
where L, C, and R are the inductance, capacitance, and resistance per unit length of
the transmission line system. These two equations combine to yield a second order
partial differential equation for the voltage
LC 2V _ 9 2V + RC- = 0. (3.4.3)j 2 _i!Z2+ &
The power source has a real frequency f = w/2ir so that the time dependence of all
quantities can be expressed by the function exp[-iwtj. Solving Eqs. 3.4.1 for the voltage
and current spatial dependence gives
t The standard treatment of this problem is not self-consistent. The antenna current is
assumed known and the antenna-plasma coupling problem is then solved to obtain the
kil power spectrum.
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Figure 3.6 -Distributed element model used to derive the transmission line
equations.
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V(z) = V [eik + re-kA] (3.4.4)
I(X) = ei -ik(
-# [elko - re-i: (3.4.5)
where
k=wVLQ 1+i-] (3.4.6)
1 L
~ZzO 1+i R]- / (3.4.7)1 L
Zo=J . (3.4.8)
The quantity r is defined as the voltage reflection coefficient and Z is the characteristic
impedance of the transmission line. It is pointed out that the analytic expression which
is to be used for evaluating a quantity Q(z, t) numerically is
Q(, t) = Re [Q(X)e-i"' . (3.4.9)
A transmission line may either terminate with a load, expressed as an impedance
ZL, or encounter a transform to another transmission line with characteristic impedance
ZL at the locationt z = 0. In either caset a fraction of power is reflected and a
fraction is absorbed (or transmitted) at z= 0. The voltage reflection coefficient, which
determines the fraction of power reflected, is given by
r= ZL-Z (3.4.10)
where
ZL V( = 0) (3.4.11)I(M=0)
t The location is completely arbitrary, however it is chosen to be at z = 0 since this choice
simplifies the resulting expressions.
t The remainder of this discussion assumes that the transmission line is terminated in a
load. Power dissipated by the load is then written as Pdi.. This development is equiv-
alent for an impedance transform in which case Pdi. represents the power transmitted
into the transmission line with characteristic impedance Z.
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The transmission line equations can be combined to give an equation for the tem-
poral and spatial dependence of the power
P [ - LI 2 + CV2]- Ri 2  (3.4.12)
where P = VI. The term on the right of Eq. 3.4.12 in square brackets represents the
stored magnetic and electric energy; the second term on the right represents Ohmic
loss along the transmission line. Assuming quantities of the form of Eq. 3.4.9 and time
averaging Eq. 3.4.12 over one period gives
9P ='- 1 R*I (3.4.13)
i -2
where P = Re( VI*) is the time averaged power. Assuming that 1 = 0, Eq. 3.4.13 can
be solved to give the spatial dependence of P(m) as
P(Z) = Poe-,RIzo. (3.4.14)
(where it is assumed that R/(koZO) << 1). Po = !IVoj 2 /Zo is the power which is
propagating in the +x direction at z = 0. An equation for P(m) in a coaxial transmission
line with inner radius a, outer radius b, and transmission line material of conductivity a
can be obtained by solving the Maxwell equations. This has been done in Ref. 19 and
the result is
p(m),= Poe-21* (3.4.15)
where
1- (3.4.16)T47r 2,6 Ink
and the skin depth 6 is
6 =- c ( 2 (3.4.17)
Equating the two expressions for P(z) gives a relation for R in terms of the transmission
line material conductivity for a coaxial transmission line as
R2- = . (3.4.18)
if r / 0 the solution to Eq. 3.4.13 is slightly more complicated and is written as
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P(X) = Po e-mR/Zo _ Ir12ezR/Zo +-2iko _ 1]419)
The quantity P(m) represents the difference between the power flowing in the +x di-
rection and the reflected power (from the load at x = 0) flowing in the -z direction at
the position z. Equation 3.4.19 gives the spatial dependence of the dissipated power.
When R = 0 and the Ohmic loss is negligible, the power dissipated by the load is
given by Eq. 3.4.19 as
Pdi v = I2 02 [1 - lr2 (3.4.20)
= PO 1 - I2 .-(3.4.21)
where the two terms in square brackets represent the power flow towards the load (Po)
and the power reflected away from the load Po0 rI2. Since P0 or Pdi,, is usually a known
quantity, Eq. 3.4.21 can be used to determine the value of |Vol. The quantities V(x)
and I(z) are now determined to within an arbitrary phase factor.
A measure of the severity of mismatch between the transmission line of charac-
teristic impedance Z and the load of impedance ZL is indicated by a quantity called
the voltage standing wave ratio (VSWR). This is the ratio of the maximum voltage
magnitude to the minimum voltage magnitudet and is given by
i+lrIVSWR = r (3.4.22)
A VSWR value of unity means that the transmission line is terminated with a matched
load and no power is reflected at the load in this case. In situations where a matching
network is placed somewhere between the load and the power source the reflected power
is sometimes called the circulating power. The reflected power then circulates back and
forth between the load and matching network. An expression for the circulating power
can be given in terms of the dissipated power as
1r12Pcir = Pdis _ IrI2 (3.4.23)
In terms of the VSWR, the circulating power is written as
= (VSWR - 1)2
4VSWR (3.4.24)
t This can easily be obtained analytically by calculating the two zeros of f IV(w)
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It is clear from both Eqs. 3.4.23-24 that a severe mismatch (Ill~- 1) can establish a very
large circulating power. This power can set up large voltages in the transmission line
carrying this circulating power. The maximum voltage achieved in the high circulating
power region is
Vax = V2PciZOVSWR (3.4.25)
where Vm, is the peak voltage (as opposed to the root mean square value). This
voltage is important since the region of high circulating power must be designed to
withstand breakdown from this maximum voltage.
3.4.4: Electrical Analysis of the Antenna
Actual values of C, L, and R are necessary in order to apply the preceeding trans-
mission line model to the antenna. Neither C nor L were measured so their values must
be estimated. Radiated power from the antenna is included in the transmission line
model by an increased value of R The value of R is chosen so as to give the correct
power dissipation due to both the antenna Ohmic loss and any radiated power loss. Its
value can be inferred from the measured radiation resistance.
Throughout the antenna electrical analysis the antenna magnetic field is approxi-
mated as the magnetic field of a conductor above a finite ground plane (similar to a
stripline transmission line). The electric field is approximated as the the electric field
of a coaxial transmission line mode. Approximating the fields in this way gives electric
and magnetic fields which lie in a cross-sectional plane of the antenna but which are not
perpendicular to each other. This means that there must be electric and magnetic field
components perpendicular to the cross-sectional plane of the antenna which have been
neglected. There are two parameters which roughly indicate the accuracy of this simple
approach. The first parameter is R/(koZo) where R is determined from both Ohmic
and radiation loss. A small value for this parameter indicates that the radiation effects
are small and that the antenna fields do not deviate much from the true transmission
line fields. The second parameter is 1 - vo/c where o is the speed of electromagnetic
wave propagation along the direction of the antenna central conductor. A small value
of this parameter indicates that the neglected electric and magnetic field components
(perpendicular to the antenna cross-sectional plane) are small and that the approxi-
mate fields are not far from realistic. Both of these parameters are essentially small
for the Alcator C antenna and justify the approximations to the antenna electric and
magnetic fields.
The quantity C is proportional to the energy density in the electric field. An
estimate of C can be made by approximating the antenna electromagnetic mode as a
coaxial TEM mode. The electric potential for a TEM mode is obtained by solving the
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two dimensional Laplace equation in the cross-section of the antenna. This was done
numerically for the antenna geometry using a computer code called JASON20]. Figure
3.7 shows the potential contours and electric field energy density for the antenna. The
capacitance per unit length was computed from this method to be
1
C = -(8.0). (3.4.26)
The quantity L is proportional to the magnetic field energy density. Its value was
estimated by approximating the antenna as a center conductor above a finite back
plane, without the Faraday shield. The inductance per unit length is estimatedt from
Ref. 21 to be
L Z(O.2 6 ) s 2_cm 2 . (3.4.27)
The characteristic impedance is now calculated to be
ZO = T/_~/= 68 Ohms (11). (3.4.28)
and the phase speed of wave propagation along the antenna is
1
= i- - 0.69c. (3.4.29)
The value of Zo was not measured; however, the value of o was measured by deter-
mining the spatial dependence of the antenna current with a movable current probe.
Measured this way, the phase speed was found to be vomeas ~0.65 c. This measurement
has a 10% error associated with it. The estimated value from Eq. 3.4.29 is within the
experimental error indicating that the electrical model is quite accurate.
The value of R can be calculated in terms of the measured radiation resistance
Rrad. To obtain this value, Eq. 3.4.19 is used first to express the dissipated power in
one arm of the antenna. This is given approximately by
Re(Pdis) ~ -IVo12 ( ) [1+ sin(l) (3.4.30)2 ZO Zo kol
where I = 25 cm, Zo = 68 n, r = -1, and it is assumed a priori that RI/Zo << 1. It
is now possible to obtain an equivalent radiation resistance from the above expression.
t The magnetic field energy density can in principle be obtained numerically from JASON
since the electric potential and magnetic field in the antenna cross section are propor-
tional. This method was not followed due to the difficulty of numerically expressing the
boundary condition far away from the antenna.
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Figure 3.7 -(a) Electric potential contours for the Alcator C ion Bernstein wave
antenna. (b) The electric field energy density contours corresponding to (a).
(a)
(b)
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Radiation resistance is defined in terms of the dissipated power as
Pdiss =III 2Rrad (3.4.31)
2
=1112 [Rant + Roh] (3.4.32)
2
where I is the peak current reached at some point in the antenna, PFdis is the total
power dissipated, Rant is proportional to the radiated power and Roh is proportional
to the Ohmic power loss. The forward and reflected powers were measured using
directional couplers at a location near the matching network. The dissipated power
and radiation resistance therefore includes Ohmic power loss in the antenna and along
all of the transmission line connecting the matching network and antenna. The fraction
of this power which is dissipated by antenna radiation is proportional to Rant and the
fraction of power dissipated by Ohmic loss in the antenna and between the antenna
and the matching network (where the power is measured) is proportional to Roh. The
value of Roh is approximately given by the antenna system loading in a vacuum (when
no plasma is present). The power radiated by the antenna into the plasma can now be
written as
Pant = Pdi. 1 .Rv] (3.4.33)
I Rrad]
The peak current occurs at z = 0 where r = -1 and has a value given by Eq. 3.4.5
of Imax ~ 2VO/Zo. Two antenna arms dissipate twice as much power as is shown by
Eq. 3.4.30 and give the contribution to R from only antenna radiated power expressed
in terms of Rrad as
R ~ 4.3 x 10-2 cm-1 [Rrd - Rvc]. (3.4.34)
It can now be verified that indeed RL/Zo << 1 as was assumed.
The part of R which results from Ohmic loss in only the antenna is a small fraction
of the total Ohmic loss since the antenna elements are silver plated and the antenna
length is small compared to the length of the entire transmission line. Its value, in prin-
ciple, can be estimated by calculating the Ohmic loss due to the finite conductivity of
silver. Since the antenna is not a simple transmission line and the true electromagnetic
fields within the antenna are complicated, this calculation will not be donet for the an-
tenna. Rather, the Ohmic loss is better estimated from the measured vacuum radiation
resistance. The vacuum radiation resistance results from Ohmic loss in the antenna,
t In fact, if the antenna geometry is approidmated as a cylindrical coaxial transmission line
and a coaxial electromagnetic mode approximation is made for the antenna fields, the
calculated Ohmic loss is within a factor of two of the value estimated from the measured
vacuum radiation resistance.
102 Chapter 3: Description of the Experimental Apparatus
antenna feed, the coaxial cable between the matching network and the antenna, and
Ohmic loss in the vacuum chamber. Since the antenna characteristic impedance is
~ 34 0 and the antenna feed characteristic impedance is ~ 30 f the antenna and feed
are essentially matched. In addition, the 30 f feed is matched to the remainder of
the transmission line system (at 50 f) with a quarter wave impedance transformer.
This means that the circulating power is approximately the same in all regions of the
antenna system. As a result, the Ohmic power loss per unit length of transmission
line is approximately proportional to (1/a + 1/b)(Zo0V )- 1 (see Eq. 3.4.16) where 0- is
the conductivity of the transmission line material and a and b are the inner and outer
radii of the transmission line respectively. The transmission line system is entirely
copper (excluding the antenna and antenna feed) and has a length of approximately
20 meters. The Ohmic loss in the vacuum chamber is difficult to estimate; however,
an upper bound on the antenna Ohmic loss R can be estimated by assuming that the
vacuum chamber loss is negligible. Therefore, to a very rough approximation, the an-
tenna represents less than 10% of the total Ohmic power loss. The contribution to R
from antenna Ohmic loss is therefore
R ,. 4.3 x 10-3 cm- 1 R.. (3.4.35)
This gives a total value for the antenna resistance per unit length (for R1 a,~ 1.5 f
and Rm ~ 0.3(f) of R < 5.3 x 10-2( cm-1.
The antenna electrical characteristics can be summarized at this point as follows.
The measured phase speed of electromagnetic waves along the antenna is 0.65 c, the
characteristic impedance of each half of the antenna is about 68 [l, and the Ohmic
contribution to the antenna loading is very small compared to the radiation loading.
For a total dissipated power of 100 kW, the voltage between the antenna center and
return conductors reaches a maximum of about 1.3kV and the maximum current at
the antenna end is about 408 Amperes. The electric field along the direction of the
antenna center conductor is approximately 1.1 kV/cm for the same power.
3.4.5: Antenna Current Probes
Current probes were placed at each shorted end of the antenna halves. The probes
consisted of a coaxial cable filled with a magnesium oxide dielectric with the center
conductor rapped into a small loop and electrically connected to the outer conductor.
The probe was oriented so as to intercept the magnetic field flux produced by the
antenna current. Since each probe was placed at a minimum voltage position on the
antenna it was not necessary to correct for any capacitive effects on the probes. The
purpose of the probes was to measure the antenna current from which the radiation
resistance could be calculated. A typical value for the antenna current was about 400
Amperes for a power of 100 kW.
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3.4.6: Antenna Movement
A bellows assembly supported the antenna and allowed it to be moved radially
(closer to the plasma) and rotated to change the alignment of the center conductor
with respect to the toroidal magnetic field. Moving the antenna radially produced
observable and repeatable changes in the radiation resistance and in the hydrogen ion
heating rate (ATH/P). No significant changes were observed when the antenna was
rotated up to 20* from being aligned to the magnetic field.
3.4.7: Faraday Shield
The two purposes of the Faraday shield are to polarize the electric field entering
the plasma and to keep plasma particles from entering the antenna interior. One
disadvantage of having the Faraday shield present is that the shield reduces the total
magnetic flux which couples to the plasma[2]. This can reduce the antenna-plasma
coupling and increase the voltage within the antenna. This effect was measured for the
Alcator C antenna. It was found that the first shield only reduced the initial flux by
about 10% and the first and second shields together reduced the initial flux by about
30%.
3.4.8: Overview of the Transmission Line and Matching Network
Power entered the antenna from a 30 0 coaxial section of silver plated transmission
line. The value of 30 fl was chosen because it minimizes the voltage between the inner
and outer conductors for a given power and because this impedance is nearly matched
to the antenna impedance. The feed passed through a gap in the toroidal magnet and
connected onto a quarter wave long section of transmission line which transformed the
impedance from the 30 f) antenna feed to the 50 fl vacuum feed-thru. The feed-thru
acted as a vacuum to air transition. After the feed-thru, the 50 f) transmission line
connected to a DC break which electrically insulated the power system and antenna
operator controls from the tokamak potential. Finally, the transmission line passed
through a matching network which served to electrically match the antenna system to
the power system. The remainder of this section will discuss the power flow between
the matching network and antenna and present the characteristics of the matching
network (see Fig. 3.4 ).
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3.4.9: Power Flow in the High VSWR Region
The region of transmission line between the matching network and antenna contains
a large amount of circulating power. This power is attenuated due to the finite conduc-
tivity of the transmission line. The Ohmic loss, which amounts to nearly 20% of the
incoming power, is proportional to the ratio of Rvaw to Rrd since R, is proportional
to an approximate upper bound on the power Ohmically dissipated by the transmis-
sion line. A value of R for the transmission line can be estimated from Eq. 3.4.19 by
requiring that 20% of the power is Ohmically dissipated in the line. The result for R is
R ~ 1.4 x 10-4 ( cm- 1. (3.4.36)
where the length of the line is 20 meters and the reflection coefficient at the antenna is
estimated to be r 2 0.978. The value of R can also be calculated from Eqs. 3.4.16 and
3.4.18. The conductivity of copper at 200 is
C2 -
=011 (1.7 x 10~8) sec~. (3.4.37)
At a frequency of f = 183.6 MHz the skin depth is
6 = 4.8 x 10-4 cm. (3.4.38)
The value of -y is calculated from this to be
-Y = 1.6 x 10-6cm 1  (3.4.39)
where a and b are measured to be
a = 4.84cm
b = 11.2cm (3.4.40).
The resistance per unit length is calculated from Eq. 3.4.18 as
R = 1.6 x 10-4 ncm- 1 . (3.4.41)
The two independently evaluated values of R are quite close confirming that most of
the Ohmic power loss occurs in the transmission line and only a small amount in the
vacuum chamber and antenna structure. It is an easy matter now to estimate the peak
voltage in the transmission line system for a total dissipated power of 100 kW. Using
Eqs. 3.4.22 and 3.4.25, the maximum voltage, when no plasma is present, is estimated
to be 30kV.
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3.4.10: Matching Network
The purpose of the matching network is to transform the antenna system impedance
to the impedance of the transmission line coming from the power system (50 f). This
was done in the ion Bernstein wave antenna system by attaching three stub tuners
in parallel with the main transmission line. A stub tuner consists of a transmission
line terminated with a movable short. The location of the short in each stub tuner
could be adjusted over a distance of about A/2 (at a frequency of 180 MHz). Each stub
tuner was separated from the other by a section of main transmission line slightly less
than A/8 in length. The transmitter frequency was adjustable (about +10%), and over
this range of frequencies the phase of the antenna load could vary considerably due
to the long length of transmission line between the matching system and the antenna.
Consequently, it was necessary to use three stubs rather than two. Figure 3.8 shows a
scatter plot of the region in the complex r planet accessible to a system of two stub
tuners. The scatter plot is obtained by evaluating r for a discrete set of tuner settings
spanning all possible positions of the tuners. In general, this sort of system cannot
access the entire range of I|r < 1. There is some redundancy for three stubs, but the
entire range of Irl 5 1 is accessible. During experimental operation, the stub nearest
to the power system was generally set to a fixed position and the other stubs were
adjusted for tuning.
In principle, it is possible to calculate from the load impedance ZL the correct stub
positions for a match. This can be done by measuring the amplitude and phase of the
forward and reflected powers in the high VSWR region near the matching network.
From this, the exact value of ZL can be calculated. Once ZL is known, the exact stub
positions can be obtained numerically.
A system to measure the amplitude and phase of the forward and reflected powers
was constructed for the ion Bernstein wave experiments. The system was tested in the
lab for several tuner configurations and produced accurate enough results so that the
correct tuner positions for a match could be determined. The system failed, however,
on the ion Bernstein wave transmission line system due to errors in evaluating the
forward and reflected powers and their phases. These errors were due to uncertainties
in long cable lengths and power attenuation factors in the cables. It can be justified
that small errors in the forward and reflected powers will strongly upset the calculation
of the stub positions for a match. This follows by considering the properties of the
antenna system as a high Q cavity. The total stored energy in the cavity will exhibit a
t The load impedance ZL which can be matched to the power system with the particular
tuner configuration is related to r by Eq. 3.4.10.
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Figure 3.8 -Scatter plot of the accessible complex r (reflection coefficient) for
a two stub tuner system.
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maximum at the correct stub settings. At constant frequency and dissipated power, the
stored energy in the cavity is a function of the three stub lengths Ij, where j = 1,2, 3.
The width of the stored energy peak expressed in terms of the cavity parameters (1j)
is given approximately by Al, ~ (27rkoQ)-' where ko = wo/c. Thus, the measurements
must be accurate enough to give the stub lengths to within Al,. A large value of Q
therefore requires very accurate measurements to correctly evaluate the stub positions.
3.5: Conclusions
This chapter describes the diagnostics used on Alcator C which were important for
the ion Bernstein wave experiments. In addition, the physical and electrical properties
of the antenna system have been calculated and the voltage and current inside the
antenna structure have been reported. Finally, the properties of the three stub tuner
system have been discussed.
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CHAPTER 4
Ion Bernstein Wave
Experimental Results
4.1: Introduction
Ion Bernstein wave experiments were performed on Alcator C to study wave ex-
citation, propagation, absorption, and plasma heating due to wave power absorption.
Since the Alcator C tokamak was designed to mainly study the confinement physics of
high density, high temperature plasmas, most of the ion Bernstein wave experiments
emphasized the various aspects of plasma heating rather than the aspects of wave cou-
pling and propagation. As a result, the majority of the discussion in this chapter and
the succeeding one will focus on the heating results.
Ion Bernstein waves were launched from a stainless steel, center fed, T-shaped,
movable loop antenna with the center conductor aligned along the direction of the
toroidal magnetic field and surrounded by a double layer, molybdenum coated Faraday
shield. The experiments were conducted under the following conditions: rf frequency
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fo= 183.6MHz; plasma minor radius (set by molybdenum limiters) a=0.115m, 0.12m,
or 0.125 m ; major radius RO = 0.64 m; hydrogen majority plasma with a deuterium
minority 0.1%; nD/(nH+D) < 20%; toroidal magnetic field strength 4.8 T < BO 11 T;
line-averaged electron density 0.6 < fi < 4 x 1020 m- 3 ; Pr 5 180 kW; plasma current
160 kA <I, < 290 kA; and Zef ~ 1-4.
This chapter begins by presenting the wave propagation and absorption results.
These results confirm that ion Bernstein wave power was coupled into the plasma and
followed the expected dispersion relation. Following this, the antenna-plasma coupling
and wave excitation measurements are presented. The radiation resistance shows the
strongest dependence on magnetic field and plasma density. Weaker dependences are
seen with the injected rf power and antenna orientation. Similarly, the presence of the
ion Bernstein wave in the plasma, as measured by C02 laser scattering[1], shows its
strongest dependence on plasma density and magnetic field. Finally, heating results at
three values of the toroidal magnetic field[12]are presented. Ion Bernstein wave power
injection at powers Pf < 180 kW produced both significant ion heating (AT < 380 eV)
and improvements in global particle and central impurity confinement times by a factor
of up to 3 at densities fte 2 1 X 1020 m- 3 . At higher densities (fie 2 2 x 1020 m- 3 ), the
heating ceases to be efficient and the particle confinement time is no longer enhanced.
4.2: Ion Bernstein Wave Propagation and Absorption
4.2.1: Wave Propagation
Figure 4.1 (a) shows the perpendicular wave-number spectrum of ion Bernstein
waves obtained at x/a = -0.16 (z = R - Ro) from a shot-to-shot scan of the scattering
angle using the C02 scattering set-up shown in Fig. 3.2. The dispersion relation
obtained from the scattering data is shown in Fig. 4.1 (b). The points in Fig. 4.1 (b)
are obtained by scanning the scattering volume horizontally at fixed plasma parameters.
The value of k1 is obtained from the peak in the measured kI spectrum [see Fig. 4.1 (a)]
and PH is evaluated from the measured value of TH at the toroidal midplane. The
agreement between the theoretical and experimental dispersion relations confirms that
the scattered signal originates from ion Bernstein waves near the toroidal midplane.
The magnitude of the C02 scattered signal at x = +5.1 cm exhibits a nearly linear
dependence on the rf power as is shown in Fig. 4.2 . This further confirms that ion
Bernstein wave power was coupled into the plasma.
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Figure 4.1 -(a) A typical kj spectrum of the ion Bernstein wave. Plasma
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relation obtained from a spatial scan of the scattering volume. The solid curve
represents the theoretical dispersion relation. Plasma parameters: Hydrogen, B=
7.6 T, 4, = 290 kA, fi. = 2.3 x 102 m-8.
a
I
k (cm- 1 )
V I 6 MW __1 9 f 1 V I--
2 a a I
0 S
Section 4.2: Ion Bernstein Wave Propagation and Absorption 113
% 8 0
.0
A60-0
W2
040--
W 20--
1 - - -
0
049
0 50 100 150
PRF (kW)
Figure 4.2 -Dependence of C02 scattered power on rf injected power at BO
7.6 T. There is a small off-set in the scattered power which has not been included;
including this off-set would show sero scattered power for zero rf injected power.
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4.2.2: Wave Power Absorption
Absorption of ion Bernstein wave power due to ion cyclotron damping is predicted
by linear theory to occur where w = nwe3 (n integer, j ion species). Nonlinear Landau
damping may occur where w = 1(2m + 1)we, (m integer) and is predicted to dominate
linear damping[3]even in the presence of a minority species. The details of ion Bernstein
wave power absorption through either mechanism have been given in sections 2.7 and
2.8. Calculated values of the nonlinear threshold power for a single ion species plasma
at several central magnetic field values are in the range Pth ~ 10-40 kW and are given
in Ref. 4.
Power absorption of the ion Bernstein wave across the w/OfH = 1.5 layer[1] was
studied in a nearly pure hydrogen plasma (nD/ne << 0.01) using C02 laser scattering
techniques. The radial profile of the scattered power, shown in Fig. 4.3 , exhibits a
strong initial radial attenuation near the plasma outer edge. This attenuation, which
is observed at all densities, may result from the toroidal spreading of the ion Bernstein
wave packet (see Fig. 2.10). Farther into the plasma the scattered power shows a large
attenuation across the w/GfH = 1.5 layer. This may be an indication of nonlinear power
absorption on the hydrogen or linear absorption on the deuterium.
Power absorption was also investigated at B - 9.3 T across the w/D = 3 layer
located dose to the antenna Faraday shield (see Fig. 4.9). The almost complete ex-
pected absorption at this location is confirmed by the scattering measurements shown
in Fig. 4.4 . The data in Fig. 4.4 was obtained by measuring the scattered power at
a fixed scattering location as the magnetic field was increased on a shot-to-shot ba-
sis. A large attenuation (by a factor of 40) of the scattered signal from ion Bernstein
waves was observed when the w/flD = 3 layer was placed between the antenna and the
scattering volume. Although Fig. 4.4 suggests wave power absorption, the possibility
of parametric decay of the ion Bernstein wave at the w/D = 3 layer cannot be ruled
out[s]. This is the situation where the ion Bernstein wave decays into a lower frequency
ion Bernstein wave an an ion quasimode. Since the C02 scattering measurement was
set up to detect density perturbations only at the pump ion Bernstein wave excitation
frequency the lower frequency ion Bernstein wave would be unobservable. Thus, rather
than power being absorbed on the ion species through either linear or nonlinear mech-
anisms at the w/AD = 3 layer, the wave power may undergo a frequency downshift
and continue propagating into the plasma both unimpeded by the w/%D = 3 layer and
undetected by the laser scattering system. At high magnetic fields (Bo > 9 T) such as
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this, very broad (0.98 < f/fo < 1.02) and downshifted frequency spectra were observed
confirming the possibility of nonlinear processes.
4.3: Wave Excitation and Antenna-Plasma Coupling
4.3.1: Wave Excitation
Studies of local plasma parameters on wave excitation were made by moving the
antenna radially (with respect to the plasma) under fixed plasma parameters. Both the
scattered signal from ion Bernstein waves and the ion temperature increase achieved
a maximum value when the antenna Faraday shield was located 0.5 cm behind the
limiter edge. The density scrape-off length is typically on the order of 0.5 cm. The
loading resistance (shown in Fig. 4.5 ), on the other hand, increased monotonically as
the antenna was moved radially closer to the plasma.
4.3.2: Antenna-Plasma Coupling
Antenna-plasma coupling studies were performed with the antenna placed about
0.5cm behind the limiter edge. Figure 4.6 shows the radiation resistance and scattered
signal as a function of magnetic field. A peak in the radiation resistance is observed at
about 7.6 T which corresponds to the peak in the scattered C02 signal. It is expected
that efficient direct launching of ion Bernstein waves should occur when the'w/flH -1-99
layer is placed just behind the antenna[6]. A nearly field independent background
loading of about 1 1 is observed on either side of the peak. This background may be
caused by power dissipation localized near the antenna or by non-resonant excitation
of the ion Bernstein wave at a frequency which may be outside the detection range of
the C02 scattering system.
Figure 4.7 shows the measured value of the radiation resistance and scattered power
as a function of line-averaged density. The radiation resistance increases with density
until about fi, ~ 2.8 x 1020 m- 3 and then begins to decrease. The scattered power on
the other hand, is maximized at Ie: : 1.1 x 1020 m- 3 and decreases to either side of this
density. The expected behavior of the scattered power is complicated and is discussed
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in section 5.3. The departure of the expected behavior from the measured behavior may
result from ion Bernstein wave scattering from low-frequency edge density fluctuations
(see section 4.4.7) or parametric processes. The density at which the wave excitation
frequency is equal to the lower hybrid frequency is about ne ~ 4 x 1017 m- 3 . It is
thought that the density near the antenna is always somewhat higher than this value.
The antenna loading showed a weak dependence on the rf input power. The overall
trend was that the loading decreased (~ 20%) as the total input power increased from
50 kW to 150 kW. This may also suggest that certain nonlinear effects such as those
already mentioned or plasma density modification near the antenna by ponderomotive
forces is occurring.
Antenna loading was studied as a function of the orientation of the antenna central
conductor with respect to the edge magnetic field. Over a range of ±20* no measurable
effects on the radiation resistance were observed.
4.4: Heating Experiments
4.4.1: Introduction
Central ion temperature increases (AT;/Ti ? 0.1) of the Hydrogen majority com-
ponent were observed on Alcator C during rf power injection for magnetic fields in the
range 4.8 T < B 0  11 T. Figure 4.8 shows the hydrogen ion temperature increase
(Trf - Toh) as a function of toroidal magnetic field for all of the ion Bernstein wave
experimental data. Although the greatest ion temperature increase was observed at
B0 =9.3 T, heating occurred over a broad range of magnetic fields (2.4 >W/fH(O) 1.1)
and was not strongly dependent on having a particular ion cyclotron resonance located
near the plasma center. The majority of heating studies were conducted in discharges
at Bo ~ 7.6 T, 5.1 T, and 9.3 T, having an axial safety factor value q(O) ;< 1.
Figure 4.9 shows the location of the hydrogen and deuterium cyclotron harmonics
in the poloidal cross section for three magnetic fields. At 7.6 T, rf power absorption is
predicted to occur either linearly on deuterium at the w/OfD = 3 layer, located about
3.4cm to the high field side of the plasma center (x/a = -0.3), via ion cyclotron damp-
ing, nonlinearly on hydrogen at the w/OfH = 1.5 layer (same location) via nonlinear
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Landau damping through ion Bernstein wave self-interaction (see section 2.8), or non-
linearly on deuterium near the w/DfH ~ 1.6 layer via nonlinear Landau damping through
ion Bernstein wave decay (see section 2.8). At 9.3 T, rf power absorption in the plasma
interior is predicted to occur nonlinearly on deuterium at the w/D = 2.5 layer located
about 4.5 cm to the high field side of the plasma center, via nonlinear Landau damping
through self-interaction. At a central field of 5.1 T, rf power absorbtion is predicted to
occur linearly via ion cyclotron damping on deuterium at the w/fID = 5 layer located
6.8 cm to the low field side of the plasma center, or nonlinearly on hydrogen at the same
location (w/fH = 2.5 layer) via nonlinear Landau damping through self-interaction.
4.4.2: Heating Results at 7.6 Tesla
At a central magnetic field strength of B 0 = 7.6 T and ft ~ (0.8 - 1) x 1020 m-3 ,
nD/nH+D ~ 10% the central hydrogen temperature increased by an amount ATH g
200 eV and the line-averaged electron density increased by ~ 20% with 100 kW of
power injected into the antenna system. A mass-resolving charge exchange neutral
analyzer which was scanned radially on a shot-to-shot basis measured the hydrogen and
deuterium ion temperature profiles shown in Fig 4.10 which were centrally peaked in
both the Ohmic and rf heated portions of the discharge. Figure 4.11 shows the temporal
behavior of the plasma parameters during the discharge. The energy distribution for
hydrogen showed a thermal spectrum both before and during rf power injection. The
deuterium component also exhibited a thermal energy spectrum during rf injection with
an effective temperature (obtained from deuterium particle flux at energies E >4keV) of
appraximately 1.3 keV on axis, somewhat hotter than the background heated hydrogen
temperature of 0.9 keV. It is possible to estimate that the collisional power transfer from
the heated deuterium component to the background hydrogen is ;< 30 kW; however, this
estimate is strongly dependent on the fraction of deuterium in the discharge and also on
the radial temperature profile and is uncertain to within a factor of 2. Nevertheless, a
power of 30 kW transferred from the deuterium into the hydrogen species can produce
a temperature increase of - 175 eV if the plasma confinement during rf injection is
assumed to remain the same as in the Ohmic phase.
In principle, the amount of rf power flowing into the hydrogen or deuterium species
can be estimated from the rate of increase of the ion temperature at the onset of rf
power injection. For the simple situation where only the main species ion temperature
increases by AT in a time Att, the power flow into the ions is P = UiAT1/(TAt)
t The time At must be small compared to an energy confinement time (-rig 5-10 ms) for -
this estimate to have meaning.
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Figure 4.9 -Location of the hydrogen and deuterium integral and odd-half
integral cyclotron harmonica in the poloidal cros section for (a) Bo = 5.1 T, (b)
Bo = 7.6 T and (c) Bo = 9.3 T.
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where U; is the total stored ion energy in the Ohmic plasma. When estimated for
several of the ion Bernstein wave heated discharges, the calculated value of the power
is close to the measured power injected into the antenna system. This estimate is crude
for a number of reasons. First, the ion temperature is typically averaged over a 5 ms
time period. When averaged over a shorter time period, the temperature is somewhat
choppy making it difficult to carry out this type of calculation. Second, the density and
temperature profiles are not well known making it difficult to accurately determine the
ion stored energy. Third, at the onset of rf power injection, the plasma density typically
increases; this also contributes to the increase in ion stored energy. This effect can, in
principle, be accounted for by determining the rate of density increase; however, due to
experimental uncertainties, this only increases the uncertainty in the overall estimate
of the power flow into the ions. Nevertheless, within experimental error, the estimate
is within the expected range.
Figure 4.12 shows that the ion temperature increase at B = 7.6 T follows an ion
heating rate of 2.3 eV/kW at fie < 1 x 1020 m- 3 . It is pointed out that this heating rate
is calculated by dividing the ion temperature increase by the total rf power entering
the antenna system. The actual power which is ultimately coupled into ion Bernstein
waves will be somewhat less that this total power due to Ohmic losses in the system.
The hydrogen temperature increase appears to show a power threshold of 35kW at the
onset of ion heating which is consistent with the threshold estimated for 63% single
pass absorption of the injected rf power[4]. There is also a power threshold of about
30 kW for the high energy deuterium component[71shown in Fig. 4.13 . The data in
Fig. 4.13 shows that the hydrogen and deuterium central temperatures converge at a
nonzero value of Prf. The existence of a power threshold for TD > TH suggests that a
nonlinear heating mechanism is operative on the deuterium species. Two possibilities
for this mechanism are nonlinear Landau damping via ion Bernstein wave decay (see
section 2.8) near the w/OfH : 1.6 layer located 0.6 cm to the low field side of the
plasma center (x/a = 0.05), and nonlinear Landau damping via self-interaction at
the w/OfD = 3.5 layert. The power absorbed per pass at the w/AD = 3.5 layer via
self-interaction is negligible. This has been verified numerically from the equations in
section 2.8. Power absorbed via the decay process can amount to a significant fraction
of the pump power. The threshold power for 63% power absorption via the decay
process in one pass is estimated to be in the range of about 30 kW. Power not depleted
$ This layer, not shown in Fig. 4.9 (b), lies between the low field plasma edge and the
w/fD = 3 layer at m/a = 0.56.
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by either of these two mechanisms is damped nonlinearly by hydrogen at the w/flH = 1.5
layer, linearly by deuterium at the w/D = 3 layer, or linearly by electrons through
Landau damping.
4.4.3: Heating Results at 5.1 Tesla
At a central magnetic field strength of BO = 5.1 T the w/wH = 5/2 (W/WD = 5)
resonance layer is located at x/a = 0.3. The temporal evolution of a typical discharge
at this field is shown in Fig. 4.14. The ion temperature increase in this regime shows
a heating rate of 2.2 eV/kW, (see Fig. 4.12 ) similar to the 7.6 T case. The calculated
power threshold is - 30 kW, in good agreement with experimental observations (there
was no observable heating below this power). At BO = 5.1 T, the temperature increase
of the hydrogen majority and deuterium minority ions is thermal (TH = TD) and
is independent of deuterium concentration, suggesting that nonlinear absorption on
hydrogen is dominant in this regime.
4.4.4: Heating Results at 9.3 Tesla
The most efficient heating is observed when the magnetic field is increased to high
values (Bo , 9 T). This regime has not been explored in previous experiments and
here, the analysis is somewhat more complicated. For example, at a field of BO = 9.3 T
the w/D = 5/2 minority subharmonic resonance layer is located on the high magnetic
field side of the plasma axis at z/a = -0.18 (a = 0.12m). However, the w/O2 H = 3/2
and W/D = 3 layer is at z/a = 0.85, approximately 2 cm in front of the antenna (see
Fig. 4.9 (c)). Ray tracing and power absorption calculations show that ion Bernstein
wave power should be completely absorbed by either the linear or nonlinear mechanism
at the plasma edge (z/a = 0.85). Using C02 laser scattering techniques, a strong
attenuation in wave power at frequency fo and perpendicular wavelength in the range
40 < kI_ < 140 cm- 1 is observed[1] across the w/D = 3 layer (see Fig. 4.4 ). However,
as is shown in Fig. 4.12 , an ion heating rate of 4.1 eV/kW at F, = 1 x 1020 m 3 is
observed with a very low power threshold (Pt < 10kW within experimental error). To
further complicate matters, the deuterium component has a two temperature energy
spectrum with a superthermal component at TD = 2 keV. The radial temperature profile
of the deuterium, shown in Fig. 4.15 , is centrally peaked on the plasma axis. The
temporal temperature evolution of the hydrogen and deuterium temperatures, shown
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in Fig. 4.16 , indicates that the deuterium achieves its maximum temperature before
the hydrogen, and both exhibit a slow decay time of about 5 ms after rf power shut-off,
indicating central nonlinear rf heating of the deuterium species at the w/D =5/2 layer.
The two temperatures displayed in Fig. 4.16 were obtained on separate but similar
discharges. The power flow from deuterium to hydrogen in this case is estimated to be
20-40 kW with large uncertainty.
To explain the energetic deuterium component, at least a fraction of the rf power
must penetrate to the plasma interior. One possible mechanism for this is the variation
in the toroidal field caused by the toroidal field ripple. The presence of the access
port in Alcator C perturbs the toroidal field current causing a toroidal field ripple of
about 2-4% near the antenna feed. Consequently, the w/D = 3 layer may be located
2 cm in front of the antenna at the port location but may be positioned behind the
Faraday shield at either end of the antenna, away from the port (the port is 4 cm
wide and the antenna is 25 cm long). Thus, power from either end of the antenna
may freely propagate to the plasma center and heat the deuterium. Another possible
mechanism, already mentioned in section 4.2.2, is that the ion Bernstein wave may
undergo parametric decay into another ion Bernstein wave of a lower frequency and an
ion quasi-mode[5]. The lower frequency ion Bernstein wave could not be detected by
the CO 2 scattering system and would not suffer power absorption at the w/D = 3 layer
(this layer would be outside of the plasma). The lower frequency ion Bernstein wave
could freely propagate into the inner plasma and deposit its power at the w/D = 2.5
layer (which would be located slightly on the low field side of the plasma center for
this wave). Nonlinear absorption by the deuterium minority species is possible above
a threshold power of - 30 kW for nD/nH = 0.02 (the threshold power is inversely
proportional to the deuterium concentration).
4.4.5: Enhancement of Global Particle Confinement
Improvements in rp, the global particle confinement time, of up to 3 times its value
in the Ohmically heated plasma are often observed for fi5, < 2.5 x 1020 m- 3 . The global
particle confinement time, 7,, is calculated by dividing the total number of electrons Ne
by S - dN,/dt, where S is the source rate of electrons at the plasma edge as inferred
from H,, measurements. Figure 4.17 shows a strong dependence of rP(f)/r,(0hic)
on target plasma density with a maximum value of 3.4 at f, = 0.6 x 1020 m- 3 and
decreasing to unity for ft, >2.5 x 1020 m 3 . Improvements in TP are observed over a wide
range of toroidal fields 4.8 T < B < 10.4 T; however, the most significant improvement
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in rp occurs in the 9.3 T regime where the w/D = 3 resonance layer is located at
the plasma edge. Here, the line-averaged electron density typically increases by up
to 100% and the source rate S (as determined from H, measurements) decreases by
about 30% during IBW injection. Several non-rf discharges in which the density was
increased by gas puffing alone were compared with rf discharges. Figure 4.18 shows a
comparison of the line-averaged density and H, emission for an rf heated discharge
and a gas puff discharge at B0 = 9.3 T. The H, measurement was made at the gas feed
port, the antenna port, and at a limiter. All three measurements show a decrease in
the Ha signal at the onset of rf power. However, in the absence of rf power injection,
the Ha intensity shows a fractional increase which is larger than the fractional increase
in the density (due to gas puffing), indicating decreasing particle confinement in the
absence of rf power injection.
4.4.6: Enhancement of Central Impurity Confinement
Central impurity confinement times were also observed to increase by factors of
2-3 during IBW injection[s}. This was measured by injecting trace amounts of Silicon
using the laser blow-off technique[9]. The brightness of He-like Si (an ionization state
which exists in the center of these discharges) is observed to decay at a significantly
slower rate in rf heated plasmas. Figure 4.19 shows the brightness of silicon emission
as a function of time for the Ohmic and rf phase of the discharge. Typical values of
Tsi corresponding to before (Ohmic), during, and after ion Bernstein wave injection in
the 9.3 T regime are 7, 16-20, and 6 ms. The Zff is typically constant or decreasing
during rf injection in these discharges.
4.4.7: Density Dependence of the Ion Heating Rate
A systematic study of ion heating versus target density was carried out. A strong
decrease in the ion heating rate was observed for target plasma densities fie > 1.1 x
1020 m- 3 , and as shown in Fig. 4.20 , significant increases in the ion temperature were
not seen for target densities fie > 2.5 x 1020 m- 3 and at rf powers Pf < 100 kW
(4.8 T < B 0 < 11 T). The increases in T for fi > 2.5 x 10 2 0 m- 3 are within the
experimental error of AT ~ 0. In particular, at high densities it was difficult to inject
more than ~ 100 kW from the antenna (antenna power density P/A ~ 1 kW/cm 2 ).
The large scatter in the data in Fig. 4.20 appears on a day-to-day basis whereas the
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error bar represents typical scatter within a single day. The large scatter is thought
to result from day-to-day variations in the plasma edge conditions which affect the
antenna-plasma coupling. It is pointed out that the envelope of the data in Fig. 4.20 is
what exhibits the maximum achievable ion heating rate; this envelope exhibits a trend
toward decreasing ion heating rate with increasing density. There is a lack of data near
fi ~ 2 x 1020 m- 3 which may account for the apparent increase in heating rate above
this density. It is assumed that more data near this density would only confirm the
decreasing trend in the heating rate with density. The envelope also seems to show
a decrease in heating rate below fte ~ 0.75 x 1020 m- 3 . Unfortunately there is not
sufficient data below this density to confirm a decreasing trend in the heating rate.
Several mechanisms which have a density dependent effect on the heating rate have
been considered to explain the ion heating rate decrease. For example, wave power at-
tenuation due to edge collisions becomes worse as the density is increased. Theoretical
estimates of collisional damping indicate that edge absorption is negligible even for an
edge density and temperature of n,(r = a) ~ 1 x 1020 m- 3, Te ~ Ti ~ 50 eV, char-
acteristic of high density discharges. The nonlinear power threshold, which increases
linearly with increasing plasma density, may account for some of the decrease in heat-
ing rate. However, the decrease is more sudden than expected and linear damping of
ion Bernstein waves on the deuterium minority should still occur even at high density.
Another effect which may partly account for the decrease in the heating rate is that
the energy confinement time in these discharges, which is proportional to density at
low densities, begins to saturate above fe ~ 1.5 x 1020 m- 3. This saturation is caused
by both increased coupling between the electrons and ions and an increasing anomaly
in the ion thermal diffusivity. Thus, the ion energy confinement time degrades as the
density is increased and this contributes to the observed decrease in the ion heating
rate. The details of the ion confinement will be discussed in the following chapter.
CO 2 scattering results [see Fig. 4.7 (a)] suggest that the decrease in the ion heating
rate may partially be attributed to inaccessibility of the ion Bernstein wave to the
plasma center due to scattering from low-frequency edge density fluctuations (f/n > 0.3
at r/a ~ 0.9) as the target density is increased. To investigate the possibility that low-
frequency edge density fluctuations may impede the ion Bernstein wave power from
propagating into the plasma interior, the CO 2 scattering diagnostic was reconfigured
as shown in Fig. 3.3. Low-frequency density fluctuations, integrated up to 5 cm-1 in
wave number and up to 400 kHz in frequency, were observed along a chord located
at z/a = +0.83. Figure 4.21 (b) shows the value of Pc/f2 [which is proportional
to (i5e/ne) 2 for a fixed density profile] plotted as a function of fine. The quantity fii
indicates the absolute amplitude of the low-frequency density fluctuation. The absolute
magnitude of ne/ne could not be determined with accuracy in these measurements;
however, based on earlier measurements[110it is estimated to be in the range of 0.1-0.5
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at a density of fie ~ 2 x 1020 m- 3 . The correlation between figures 4.21 (a) and (b)
suggest that edge turbulent scattering may affect the wave accessibility to the plasma
center. A detailed calculation to study the turbulent scattering of ion Bernstein waves
will be given in Chapter 5.
4.4.8: Energy Confinement in 9.3 Tesla Discharges
Figure 4.22 shows the change in total stored energy, AWt versus the change in total
input power, APt during ion Bernstein wave heating at B = 9.3 T. When calculating the
total stored energy and input power, the temperature and density profiles are assumed
constant in both the rf and Ohmic heated portions of the discharge. All discharges rep-
resented in the figure have initial Ohmic energy confinement times, rT(Oh) =5.6±0.8ms,
and rf confinement times, T z(rf) = 6.5 ± 1.2 ms. The incremental energy confinement
time, which is defined as AWt/AP, has an average value of 15.5 ms, for discharges
with very low deuterium concentration and ranges between 3.9 ms and 17.5 ms for
discharges with nD/nH+D < 20%. The improvement in Tr (with respect to the ini-
tial Ohmic confinement time) during rf heating results from the large increase in total
plasma energy caused by both strong heating of ions and nearly doubling the plasma
density. The Ohmic confinement time at densities similar to those reached during rf
injection is -ro(oh) =_ 8.8 ± 1.2 ms. At B = 7.6 T there are also improvements in rE
during rf injection (with respect to the initial Ohmic re).
The results obtained at 9.3 T show some remarkable similarities to H-mode type
discharges[11]. For example, the energy and particle confinement times improve, the
stored energy and line-averaged density increase, and the Ha signal decreases. There
are also some marked differences: No clear L-mode phase or delay time to H-mode
transition, no measured power or lower density threshold, no separatrix, and no indi-
cation of edge localized modes (ELMS). Nevertheless, under similar conditions, typical
incremental confinement times during fast wave heating are only 3-5 ms[12], indicating
that ion Bernstein wave launching produces H-mode like behavior.
4.4.9: Plasma Edge Conditions at 9.3 Tesla
In order to gain a better understanding of the underlying physics, attempts were
made to determine the near edge ion temperature (r/a - 0.9) as a function of plasma
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density during rf injection. These results were obtained from C02 scattering at B =
9.3 T by fitting the ion Bernstein wave dispersion relation to the measured value of
k1[13, 14]. The maximum edge ion temperature occurred at the same density as the
minimum in edge density fluctuations and the maximum in particle confinement im-
provement (fie ~ 1 x 1020 m- 3 ). This is also the same density where the central ion
heating is most efficient (see Fig. 4.20 ). The edge ion temperature at these densities
showed an increase with time during the rf pulse (by up to 50%). At higher densities
(,i > 2 x 1020 m- 3 ) the edge ion temperature was significantly lower. There is a large
uncertainty in the actual value of the edge ion temperature which is due to compli-
cations caused by the presence of the minority deuterium species and the praxmity
of the w/ID = 3 layer to the scattering volume. At the lower densities, an edge ion
temperature near the estimated upper bound of Ti (~ 300 eV) may yield vi' < 1 (with
large uncertainty), where vi is the neoclassical ion collisionality parameter5],
V;* V (4.4.1)
Bpvtrle 3I/2
where vt; ./2T;/mi, Bp is the poloidal magnetic field, and
-1 _ 3 1 __/__~;T_4r V 1 = 3 1 _J(4.4.2)S4 v/in;nZ,4e4 In A'
The nearly collisionless regime for ions (v* < 1) may be in agreement with the recent
theoretical prediction of Hinton for H-mode type phenomena16].
Measurements of the OV temperature at r/a ~ 1.0 and Bo = 7.6 T were made using
a vacuum ultraviolet spectrometer[17 1 . The measurements showed an increase in the
OV temperature from 75eV to 95eV for a density increase from fZ. = 0.9 x 1020 m- 3 to
1.5 x 1020 m- 3 . At higher Ohmic densities (fte>2.2 x 1020 m- 3 ) no change was observed
in the OV temperature from its Ohmic value of 65 eV. Spectroscopic measurements at
B 0 = 9.3 T are not available.
Edge floating potential measurements in the scrape-off layer 1.05 < r/a < 1.2 were
also made using a double Langmuir probe and a gridded energy analyzer[18]. Both
probes were toroidally separated from the antenna by a limiter and were at different
poloidal locations. During rf power injection, the floating potential, measured with
respect to the vacuum chamber wall, usually decreased from an initial Ohmic value of
~ -2V to ~ -10V but almost never decreased to less than ~ -17 V. In the same
region T, ~ 10-30 eV. The variation of the potential inside the limiter edge is not
known.
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4.5: Conclusions
Laser scattering measurements have confirmed that ion Bernstein wave power was
launched into the plasma using a metal loop coupler. The ion Bernstein wave was
identified by mapping out the dispersion relation and the scattered power varied lin-
early with the injected rf power. Wave launching was optimized when the W/QH = 2
layer was placed just behind the antenna central conductor. The peak in radiation
resistance correlated with this magnetic field value. Wave attenuation, possibly due to
power absorption, was observed at the w/OZH = 1.5 layer at BO = 7.6 T and BO = 9.3 T.
The scattered signal from ion Bernstein waves and the ion heating rate maximized at
f, ~ 1.1 x 1020 m- 3 , whereas the scattered signal from low-frequency edge density
fluctuations was minimized at this density. At Pd < POh very efficient ion heating
(fI5ATi(0)/Pf < 45 eV/kW10 1 9 m- 3 ) was demonstrated via ion Bernstein wave injec-
tion. An improvement in the global particle, and central impurity confinement times
(by factors of up to three) accompanied this type of rf heating. The consequence of
these results was the attainment of good global energy confinement. The decrease in
ion heating rate at higher densities can be explained by a combination of energy con-
finement saturation, scattering of ion Bernstein waves by edge density fluctuations, and
reduced nonlinear absorption with increasing density.
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CHAPTER 5
Analyses of the
Experimental Results
5.1: Introduction
This chapter presents the detailed analyses performed in order to explain the causes
for the observed results in the ion Bernstein wave experiments. In particular, the
behavior of the antenna-plasma loading, ion Bernstein wave propagation through edge
turbulence, and the plasma response to rf power injection is analyzed in the context of
current plasma theories.
Antenna-plasma loading is analyzed in the first part of this chapter by compar-
ing the observed behavior with simulated results from the Brambilla coupling model.
Simulations of the antenna loading are performed by varying three plasma parameters;
the toroidal field, central density, and edge density. Good agreement is found between
the measured and simulated antenna loading over a narrow range of magnetic field
values. The simulated loading is found to be strongly dependent on the edge plasma
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density. Within the magnetic field range of good agreement, the density dependence
of the simulated antenna loading may also agree with the measured dependence.
The remaining part of this chapter presents a detailed study of two density depen-
dent mechanisms which together can explain the decrease in the observed ion heating
rate with increasing plasma density. The first mechanism is the scattering of ion Bern-
stein wave power as it passes through a region of edge plasma turbulence. Observation
confirms that the amplitude of the edge turbulence increases with increasing density.
The primary effect of this mechanism may be to broaden the power deposition profile.
It is shown that a fluctuation amplitude of about ie.=fi./ne~0.3 at fte= 2 x 10 20 m- 3 is
sufficient to broaden the power deposition from being centrally peaked (0.1< p/a < 0.3)
to nearly uniform across the plasma cross-section (0 < p/a <1). The second mechanism
is the effect of the density dependence of the ion energy confinement. It is shown that
in the Ohmic portion of the ion Bernstein wave discharges, the inferred ion thermal
conductivity becomes increasingly anomalous compared to the neoclassical conductiv-
ity as the plasma density is increased. This increasing ion thermal conduction anomaly
causes the ion energy confinement to degrade with increasing plasma density. The
effects of the increasing ion thermal conduction and the broadening of the power de-
position profile with density are shown to cause a decrease in the ion heating rate with
density corresponding to the measured behavior.
5.2: Antenna-Plasma Coupling
5.2.1: Introduction
Antenna-plasma coupling refers to the ability of an antenna to transmit power into
the plasma. If the antenna current and voltage must be extremely high to couple rf
power to the plasma (Vo >> V2ZoPd, see Eq. 3.4.25), then the coupling is said to
be poor and this is usually marked by a very small value of the radiation resistance
(Rra << Zo where Zo is the antenna characteristic impedance). Coupling to ion
Bernstein waves was measured as a function of antenna position and orientation as
well as plasma density, central magnetic field, and injected rf power. The strongest
dependence of the coupling was observed on the magnetic field, central density and
edge density; weaker dependences were observed on the antenna orientation to the
edge magnetic field and the injected rf power.
A computer code, developed by M. Brambilla1] to compute ion Bernstein wave cou-
pling, was used to model and interpret the experimental coupling results from Alcator
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C. This code has already been described in section 2.6 and a more detailed description
of the code is given by Brambilla in Ref. 2. Only central density, edge density, and
magnetic field dependence of the antenna loading were studied here with the Brambilla
code. The dependence of the antenna loading on the antenna position predicted by
the code is discussed by M. Brambilla in Ref. 2. Section 4.3 presents the observed
behavior of the antenna loading on Prf, and antenna orientation. The measurements
and code results are comparable in certain plasma regimes; however, there are large
discrepancies in other regimes. The disagreement may be caused by nonlinear wave
phenomena which can occur near the antenna. These phenomena are not included in
the Brambilla model and may cause additional loading which depends in a complicated
way on the plasma parameters. These discrepancies between the measurements and
theoretical prediction leads one to believe that there is still much which is not yet fully
understood about high power ion Bernstein wave antenna-plasma coupling.
The radiation resistance, as defined in section 3.4.4, is given by Eq. 3.4.31 as twice
the ratio of the total dissipated power to the square of the maximum current in the
antenna. The power dissipation occurs through both Ohmic loss in the transmission
line system and radiation loss into the plasma. The Ohmic part of Rrd is estimated
from the measurements to be - 0.3 fl and is independent of plasma parameters. The
actual radiation loading, which should be compared with the Brambilla model, is given
by the difference between the total loading and the vacuum loading.
This section presents a comparison of the measured antenna-plasma coupling with
simulations of the coupling over a range of plasma densities and magnetic fields. The
similarities and differences between the measured and simulated values are discussed
and some general conclusions are reported.
5.2.2: Simulation Parameters
Simulations of the antenna-plasma coupling were done using the Brambilla code for
the plasma parameters listed in Table 5.1. Radiation resistance is calculated for only
radiation loading; no Ohmic loading is included. A typical k, (kii) power spectrum is
shown in Fig. 5.1 . The coupling is calculated for k,. 120 cm- 1 and k:, 5 25cm- 1 .
The high k, components can represent an important fraction of power which is coupled
into ion Bernstein waves even though this power may eventually Landau damp. An
outward radiation condition is imposed at x/a = -0.25 (z = -3 cm) since this is
the appraximate location where the power is expected to be absorbed. The density
for which the excitation frequency fo is equal to the lower hybrid frequency is ne ~
4 x 1017 m- 3 ; this is about a factor of 2 below the lowest density assumed possible at
the antenna Faraday shield for both the simulations as well as the experiment. As a
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result, ion Bernstein waves are directly launched by the antenna and do not undergo a
mode transformation process at the lower hybrid layer[3 .
5.2.3: Simulation Results
Figure 5.2 shows a series of curves at four different central densities. Each curve
connects points with the same ratio of central to edge density and gives the calculated
radiation resistance as a function of magnetic field. The curves all exhibit a peak in
R~rd at a field of 7.25-7.3T corresponding to W/H = 1.99-1.98 at the antenna Faraday
shield. The data in Fig. 4.6(b) exhibits a peak in Rrd when w/lH =1.9 at the Faraday
shield. The disagreement between the measured and simulated values of the magnetic
field which correspond to the peak in Rr. can possibly be resolved by considering
two effects. First, the toroidal field at the antenna is slightly distorted due to the
presence of the access port in the toroidal magnet; however, this distortion is partially
compensated giving a field in the vicinity of the port which is about 2-4% lower than
expected. To account for the 2-4% lower field, the central field must be about 2-4%
higher than expected. Thus, the central field predicted by the Brambilla model for
best coupling (7.25 T-7.3 T) is translated into a central field of 7.4 T-7.6 T when the
field ripple is taken into consideration. A second effect which may contribute to the
discrepancy in the field values is that the Brambilla model assumes that the plasma
density within the antenna is zero. As a result, the ion Bernstein waves are, at the
earliest, launched from the surface of the Faraday shield (a plasma wave is undefined
unless n, 0 0). It is possible that in reality the waves are launched from within the
antenna (from the center conductor for example) where the plasma density is not zero
but finite. If this were the case, efficient launching of the ion Bernstein wave (which
occurs at w/OfH = 1.99) might occur at a slightly higher field when the w/fH = 1-99
layer is pushed into the antenna. In this case, the peak in Rrd, shown in Fig. 5.2 ,
would actually occur at a higher field (nearly 2% higher if the waves are launched from
the central conductor). Combining the effects of the toroidal field ripple and launching
the wave from within the antenna can account for the discrepancy in the measured
and simulated values of BO at the peak in Rrd. Figure 5.3 shows a comparison of the
measured antenna loading (with the 1 fl background loading subtracted off) with the
simulated loading (assuming that the peak is at 7.6 T); the simulated value exhibits a
much stronger dependence on the magnetic field than the measured value.
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Figure 5.1 -The kg (k11) power spectrum of the Alcator C ion Bernstein wave
antenna calculated from the Brambilla coupling code.
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Table 5.1
Simulation Plawma Parameters
Major Radius: RO = 64cm
Minor Radius: a = 12.5cm
Vertical Radius: b = a = 12.5cm
Faraday Shield-Plasma: 0.0 cm
Central Conductor-Faraday Shield: 1.3 cm
Central Conductor-Wall: 1.85 cm
Central Conductor Width: 1.4 cm
Antenna Length: 25 cm
vrLC Within Antenna: 1.5
Central Density:
Edge Density:
Central Electron Temperature:
Edge Electron Temperature:
Central Ion Temperature:
Edge Ion Temperature:
Magnetic Field:
Length of Near Field Region:
Width of Scrape-off (S.O.) Layer:
S.O. Density Gradient:
S.O. Elec. Temp. Gradient:
S.O. Ion Temp. Gradient:
Plasma Composition:
1-3.5 x 1020 m-3
0.025-0.35 x 1020 m-3
1.8 keV
0.05 keV
1.0 keV
0.05 keV
BO = 7.15 T-7.7 T
16 cm
0.5 cm
0.5 cm
1.0 cm
1.0 cm
90% H with 10% D
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Another observation of the simulated value of Rra is that the width of the simulated
peak in Fig. 5.2 is smaller than the measured width. This also may be caused by the
toroidal field ripple. The location of the w/fH = 1.99 layer intersects the Faraday
shield at several toroidal locations due to the toroidal localization of the ripple in the
vicinity of the port. Thus, the transition from efficient to inefficient wave launching
would be smoothed out over a range of toroidal fields.
The simulated values of Rra for the plasma parameters in Table 5.1 are all some-
what higher than the measured values. An high edge density of 0.6 x 1020 m- 3 and
central density of 1 x 1020 m- 3 (not included in Table 5.1 and not shown in Fig. 5.2 )
give a simulated value of Rr -~1.3 fl, nearly the measured value. Outside the magnetic
field of efficient couplingt the simulated value of Rra departs by up to an order of mag-
nitude (smaller) than the measured value which exhibits a nearly constant background
loading of about 1 fl. The cause of this background loading may result for example,
from nonlinear effects[4, 5, 6] near the antenna. Simulated values of the electric field
near the antenna are found to become large enough (E. > 1 kV/cm), even under efficient
coupling conditions, to permit parametric decay of the ion Bernstein wave into another
ion Bernstein wave at a slightly downshifted frequency and a low-frequency ion quasi-
mode. This process would create an additional channel for the antenna power to couple
to and might increase the antenna loading. Unfortunately, spectral measurements over
a wide frequency range are not available to verify the presence of the downshifted ion
Bernstein wave or the ion quasimode. Edge collisional absorption may also produce
additional loading but a calculation of this shows that it is nearly negligible.
Figure 5.4 shows the simulated fraction of power coupled into the fast ICRF wave
as a function of magnetic field. The fraction of power coupled into the ion Bernstein
wave is the difference between the fast wave power fraction and unity. At the field
value of ~ 7.25 T, Fig. 5.4 shows that the fraction of power coupled into the ion
Bernstein wave is maximized and ;< 20% of the power flows into the fast wave. At
a slightly lower field both the fast wave power fraction increases dramatically (and
Rra decreases dramatically). M. Brambilla suggests that this is due to the sudden
difficulty of exciting an ion Bernstein wave with a very short wavelength (w/AH ~ 2.02
thus k..PH >> 1). The coupling model is not accurate for kcLPH > 1 but the trend
of sudden poor coupling may still be theoretically correct. As the field is increased
from B0 ~ 7.25 T, Fig. 5.4 shows that the fast wave fraction increases slowly (and
Rra decreases slowly). M. Brambilla suggests that this may be due to the gradual
increasing difficulty of coupling to a shorter wavelength ion Bernstein wave.
t Efficient coupling corresponds to the location where Ra is mazimized.
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5.2.4: Density Dependence of the Antenna Loading
The measured density dependence of Rad, shown in Fig. 4.7(b), increases almost
linearly with density to a maximum and then decreases. Simulated values of Rad for
cases with a constant ratio of edge to central density are shown in Fig. 5.5 . These all
exhibit a monotonic decrease with density. The apparent departure of the simulation
results from the measured value of Rad may be resolved by considering two effects.
First, it may not be realistic to assume that the ratio of the edge to central density
remains constant over the range of central densities. If the edge density near the an-
tenna remaines nearly constant or decreases slightly as the central density is increased,
the simulated value of Rrd would increase with density as does the measured valuet.
Eventually, the edge density would begin to increase as the central density continued to
increase causing the simulated value of Rrd to begin decreasing. Thus, the measured
density behavior of Rrd may be caused mainly by the edge density behavior. Unfor-
tunately, there are no edge density measurements within the vicinity of the antenna
to confirm this. Nonlinear processes may once again play a role in determining the
density dependence of the antenna loading. It is difficult to accurately determine the
expected density dependence of the nonlinear process without working out the details
of the nonlinear theory which will not be included in this study.
Near the toroidal field of good coupling (Rrd is maximized) the fraction of power
coupled into the fast ICRF wave is between 7% and 25%. This fraction shows only weak
dependence on the central density; the strongest dependence is on the edge density.
5.2.5: Conclusions
The measured loading to ion Bernstein waves is maximized when the W/IH ~ 1.90
layer is placed at the Faraday shield surface. This result is reproduced well by the
Brambilla model. The precise value of Rrd from the model agrees with the measured
value for a high edge density compared to the central density. A large background
loading of ~ 11 persists at magnetic fields not corresponding to w/H = 1.90. This
background may result from nonlinear wave processes occurring near the antenna which
could introduce additional loading. Near the magnetic field of maximum antenna load-
ing, the fraction of power coupled into the ICRF fast wave is small (< 20%). The
observed density dependence of the loading is reproduced with the model provided the
edge density is assumed to remain nearly constant or decrease until the line-averaged
t M. Brambilla has shown that the important parameter in the density dependence of Rrd
is the value of the edge density rather than the density gradient.
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density increases to f, ~ 2.6 x 1020 m- 3 ; then the edge density must start increas-
ing. A large electric field near the antenna, even in the regime of efficient coupling, is
predicted by the Brambilla model. This large field and the slight power dependence
of Rra support the possibility of nonlinear effects which might produce loading not
included in the Brambilla model.
5.3: Scattering From Density Fluctuations
5.3.1: Introduction
Evidence to suggest that ion Bernstein wave penetration into the plasma may be
affected by scattering from edge turbulence[Tlis shown in Fig. 5.6 . The edge density
fluctuation amplitude [Fig. 5.6 (b)] exhibits a minimum at a line-averaged density of
il ~ 1.1 x 1020 m- 3 and increases for both higher and lower densities. This behavior is
inversely correlated with the amplitude of the scattered signal from ion Bernstein waves
in the plasma center [Fig. 5.6 (a)] and with the hydrogen ion heating rate AT/Prf
(Fig. 4.20). Both the ion heating rate and the scattered signal from ion Bernstein
waves show a decrease in their value for densities above fte > 1.1 x 1020 m- 3. Below
n 1.1 x 1020 m- 3 it is difficult to tell for certain whether the heating rate also
decreases. The data at f, ~ 0.6 x 1020 m- 3 suggests that the heating rate is down
by about a factor of 2; however, more data at lower densities would be necessary in
order to confirm this with certainty. The absolute value of At could not be measured
accurately; however, based on earlier measurements[S]it is estimated to be in the range
0.1-0.5 at fe = 2 x 1020 m- 3 .
In order to investigate the effects of edge density turbulence on ion Bernstein
wave propagation, a ray tracing model was developed and used to solve the wave ki-
netic equation describing ion Bernstein wave scattering from density turbulence. The
method used to solve the kinetic equation is described as a Monte Carlo direct sampling
simulation[9]. This type of method has been used previously by Bonoli[llOto model the
turbulent scattering of lower hybrid waves. Ono[7) has described the theory of turbulent
wave scattering for ion Bernstein waves, fast waves, and lower hybrid waves.
t Recall that f. _ f./ne is the normalized fluctuation amplitude; fi. is the absolute
magnitude of the density fluctuation.
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This section discusses the details of the scattering process and presents the method
used for modeling the effect of plasma turbulence on ion Bernstein wave propagation
in Alcator C. The results of this model will be presented and discussed.
5.3.2: Expected Behavior of fii
Figure 5.6 (a) shows the scattered power from ion Bernstein waves in the plasma
center as a function of density. The scattered power is proportional to the integral of
. over the scattering volume consisting of the region defined by the intersection of the
C02 laser beam and the plasma. It is important to determine the expected behavior
of ii2 in order to tell how strongly the data in Fig. 5.6 (a) deviates from this.
The normalized electron density fluctuation amplitude ne can be written in terms of
the wave electric field amplitude E. and the dielectric tensor elements. This expression
has been given in Ref. 11 as
__e =T2 Z 
-_ II E. (5.3.1)
ne me we K - n -i - Kzz
where we = frel. The electric field amplitude IEI is related to the wave power P as
P = - - jEzj2S (5.3.2)ir Ok 1
where S is the wave surface area. The precise behavior of k, with density is complicated
since it depends on the dominant term(s) in Eq. 5.3.1 and on the electric field. To
partly simplify the analysis of Eq. 5.3.1 it is assumed that the antenna is operating
under good coupling conditions, i.e. the total power coupled into ion Bernstein waves
is essentially independent of density. In this case, P in Eq. 5.3.2 is constant with
density. In addition, the perpendicular wave vector kc is independent of density (see
Eq. 2.4.32). The dielectric constant, e is proportional to the density for the range
of densities considered here (see Eq. 2.5.5), thus Oe/OklI is also proportional to the
density. The wave surface area S depends on the extent to which the ion Bernstein
waves have spread by the time they reach the scattering volume. The scattering volume
extends over the length of the plasma in the poloidal cross section, therefore wave
spreading in the poloidal cross section does not affect the integrated scattered power.
Wave spreading in the toroidal direction does however affect the integrated scattered
power since the scattering volume has finite toroidal extent. Toroidal wave spreading
is primarily determined by the value of nl and weakly by the derivatives of the plasma
parameters. This can be seen from Eq. 2.7.19 which shows that the wave spreading
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is determined by the group velocity ratios in the p, 0, and 4 direction; these ratios
are essentially density independent. The toroidal wave spreading is approximately
independent of density provided the profile of the plasma parameters remains nearly
constant with density. This is a good assumption. In addition, the n H power spectrum
remains relatively constant over the density range considered. It can therefore be
concluded that S is essentially independent of density. It is pointed out that the C02
laser scattering system can only observe waves with wave vector k perpendicular to the
incident laser ko; it is possible that the fraction of observable wave power may change
with density. This is difficult to determine, but based on numerical simulations of ion
Bernstein wave ray trajectories, the effect seems to be negligible. It can be concluded
at this point from Eq. 5.3.2 that for constant P, IE.I is approximately proportional to
-1/2
The dominant term in Eq. 5.3.1 for the densities considered here is primarily de-
pendent on the value of ng with a weaker dependence on the plasma density. The
first term in Eq. 5.3.1, w2/w., describes the density perturbation resulting from the
E, wave field. This term is independent of density and is of comparable magnitude
to the second term for low densities (fi ~ 1 x 1020 m- 3 ). The second term describes
the density perturbation resulting from the Ey component (which drives the Ey x BO
particle drift) and can be approximated as
.W Kxy w D
-%-. _ _ -- (5.3.3)
we KZZ - n2 -n 2  we n9
where D is defined by Eq. 2.4.13. Since n2 is on the same order as Kz,, the third
term, which gives the density perturbation due to E,, cannot be approximated. For
small nll (<< 1), the second term, which increases approximately linearly with density,
determines the overall behavior of he. For example, when ng = 0.1 the value of fi2
increases by a factor of 20 as the density increases from ft. = 1 x 1020 m- 3 to 4 x
1020 m- 3 . In this case, the data in Fig. 5.6 (a) indicates that the observed ion Bernstein
wave power is strongly reduced with increasing density compared to the expected value.
For large values of nll (> 1), the third term, which decreases with density, determines
the behavior of ie. The dotted line in Fig. 5.6 (a) shows the overall expected value
of P,..t (oc R.2) for nl = 5 normalized to the observed value of P,.t at t. = 1.1 x
1020 m- 3 . The decrease in the expected value of P.Ct with density is not quite as
strong as the measured decrease. In this case, the data at high density indicates that
the ion Bernstein wave power is only weakly reduced from what is expected. The C02
laser scattering system preferentially observes ion Bernstein waves with small ni since
most of the wave power which enters the scattering volume must propagate nearly
perpendicularly to the antenna surface.
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5.3.3: Theory of Ion Bernstein Wave Scattering
Ono[7l has previously described the theory of wave-wave interaction between ion
Bernstein waves and density turbulence. It is useful to discuss several of the important
features of this interaction in preparation for discussing the method used to model the
wave scattering from turbulence. The following gives some of the important results of
the theory of ion Bernstein wave scattering from Ref. 7.
Since the measured frequency of the density fluctuations is small compared to the
ion cyclotron frequency, the frequency shift in the scattered ion Bernstein wave can be
neglected. Also, the parallel wave number can be considered to be conserved since k1i of
the ion Bernstein wave is typically much larger than the average kii of the fluctuation.
When this condition is not satisfied, the parallel coupling can be shown to be negligibly
small. The main effect, therefore, of the scattering can be well represented simply by
a rotation of the ion Bernstein wave vector k1 through an angle f.
The scattering angle 3 is defined so that kI -k'I=kIL12 cos # where kI_ and k' are
the incident and scattered perpendicular components of the ion Bernstein wave vector,
respectively. The mode coupling equation for this interaction is given as
6 OE_(k) = fi(k - k')VE 1 (k') exp [-i(wk - wk)t] (5.3.4)
where V is the matrix element which describes the strength of the coupling between
the ion Bernstein wave and the fluctuations.
The probability per unit time of scattering kI by an angle between 0 and /0 + d#a
is given by[7> 10]
P(8, t) = (Vl2Se 2ko sin d1. (5.3.5)
where S. represents the functional form of the density fluctuation wave number spec-
trum. It has been found experimentally[12]that the function Se is well approximated
by the expression
1 Ii.2x _2]
se(t) = -irI 2 exp [- (5.3.6)7r&) I o
where to is the root-mean-square (rms) value of the fluctuation wave number spectrum.
A scattering length definition, suggested in Ref. 13, which does not depend on the
approximation t2 << k2 is
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L (k& )2
*~OkL 4,rk3
x IV12S [2cosin sin2 d .' (5.3.7)
This definition gives the perpendicular distance traveled by the lowest nonvanishing
eigenfunction of Eq. 5.3.4 (in the random phase approximation) by the time it decays
to ~ 63% (1/e) of its initial amplitude. When opi is fixed, the scaling of L, is
appraximated in Ref. 7 as
L, oc -fTi/(BoIfeI 2) (5.3.8)
and is independent of the plasma density.
A simple picture of the scattering process follows by considering the effect of a
density perturbation (turbulence) on the wave equation (Eq. 2.3.6)
VX E w2 K E 4riE + E (5.3.9)
A normalized density perturbation ii modifies the plasma contribution to the tensor K
so that
K = (Ko - I) [1+]+ I (5.3.10)
where KO is the unperturbed dielectric tensor (Ko - I is proportional to density) and
the turbulent density perturbation is assumed to be the same for the ion and electron
species. In the absence of external currents, Eq. 5.3.9 can be written as
W2
Go - EW = - 1 [Ko - ]- E). (5.3.11)
The left side of Eq. 5.3.11 is the standard homogeneous wave equation and the right
side describes the second order (nonlinear) coupling between the density perturbation
-h and the plasma wave EM. Noting the similarity between this equation and the inho-
mogeneous wave equation (Eq. 2.3.15) leads one to consider the right side of Eq. 5.3.11
as an external current perturbation which does work on the plasma wave. Considered
this way, it is easy to see that the right side of Eq. 5.3.11 will influence the wave energy
giving rise to a long time scale variation in the wave energy amplitude. Rewritten as
an energy equation (kinetic equation) Eq. 5.3.11 gives the time rate of change of wave
energy density. The wave energy density in the ion Bernstein wave is depleted, due to
turbulent scattering, at a rate which is dependent only on f; all of the plasma density
dependence remains in the wave energy density.
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5.3.4: Numerical Procedure
The numerical study of the scattering process proceeds as follows. The Brambilla
coupling model is first used to obtain the expected kIy and k. power spectrum. A
typical k,, spectrum (k, is integrated over) is shown in Fig. 5.1. The power is peaked
near k. ~0.18 cm- 1 (characteristic of the antenna geometry) and has smaller peaks at
higher k.. This spectrum is then divided into 106 regions, each with a corresponding
power, ky (kq), and k. (ko). The toroidal ray tracing code, described in section 2.7, is
next used to advance a ray (representing one region of the power spectrum) in time by
At. The probability of a scattering event occurring in time At where the ion Bernstein
wave vector is rotated through any angle -r < r < i is given by the expression
Ptoa = AtJ P(fl, t) d,8. (5.3.12)
The value of At is selected so that P1t 1 <<1. This prohibits multiple scattering events
during the time interval At. A random number np with uniform distribution between
0 and 1 is generated. If Pogta > n, the ray is scattered, otherwise the ray is advanced
another unit in time by At and Pitt1 is again calculated and compared with a new
random value of np. If the ray is to be scattered, a random angle f is generated with
the distribution
G(.8) P() (5.3.13)
fr P(p) dfl
This is done numerically by generating a random number n8 with uniform distribution
between -7r < n 5 7r. The scattering probability P(np) is calculated for this number.
A second random number np is then generated with a uniform distribution between 0
and 1. If P(np) <5 n, the random number np is accepted as the scattering angle fl.
If P(np) > n,, this process is repeated again with two new random numbers np and
n, until a random number n, is selected. Once a scattering angle is determined, the
wave vector kc is rotated through this angle. To carry out the rotation on only the
perpendicular component of k it is helpful to rewrite the vector k = kp# + k9 i + ko
in new coordinates as
k = ko + k&cob X A + k11b (5.3.14)
where & is the unit vector in the direction of the total local magnetic field. The per-
pendicular part of k is represented by the first two components in Eq. 5.3.14; this part
is rotated by the angle P to give k'. The new wave vector k' is then transformed back
to the A, 6, and 4 coordinate system to resume the ray tracing. The rotation operation
can be written compactly as
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k' = T-'RTk (5.3.15)
where the operator T represents a coordinate transformation and R is a standard
rotation operator. Written for each component, this gives
k'= kcosl - keb# sing + kb 9 sin# (5.3.16)
k'= k1 b9 sin1 + k9(bcos 0 + b) + kobebo(1 - cos3) (5.3.17)
k = -k b9 sin P + kebebo(l - cos/3) + k0(b cos P + bg) (5.3.18)
where bg = Be/IBI and bo = BO/IBI. The ray tracing calculation is now resumed; the
ray is advanced in time by At and the probability of scattering is once again calculated.
5.3.5: Power Deposition
Linear power deposition is calculated by Eq. 2.7.22, the power transport equation.
This equation is included in the set of ray equations and is numerically integrated along
the ray as the ray is traced. The difference in ray power from one time step to the
next is equal to the power deposited locally in the plasma in that time step. The radial
power deposition profile is calculated numerically by first dividing the minor radius
into 50 equal divisions or bins. Each bin represents a radial shell centered around the
magnetic axis. As each ray is traced, the power absorbed between each time step is
stored in the radial bin corresponding to the present location of the ray. This process
is repeated for each ray. Once all of the rays are traced, the power deposited in each
bin is summed and normalized to the total launched power. The result is the radial
power deposition profile.
It is the random selection of scattering angles and the random decision of whether
to scatter the ray which makes this particular method a Monte Carlo direct sampling
simulation. In principle, as the number of rays traced becomes infinite, the power
deposition profile converges to the solution of the wave kinetic equation Eq. 5.3.4.
Since this is a statistical method of solving the kinetic equation and the number of
rays traced is finite (106), the error in the resulting power deposition is proportional
to N-1/ 2 where N is the total number of rays traced. For the cases modeled here the
error is about 10%.
The right side of Eq. 2.7.22 (the power transport equation) is for the most part
numerically straightforward to calculate. One minor complication arises from the vector
dot product of v and T. The vector v represents the component of k in the poloidal
plane (normalized to k2+ k2) and is expressed in terms of the unit vectors A and 6.
The vector T is expressed in terms of the instantaneous Cartesian coordinate system
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of the ray defined by the coordinates
i = IL (5.3.19)
= 1 x = x i (5.3.20)
= k . (5.3.21)
It is helpful in calculating the product v -T to transform v to the Cartesian system on
the ray. The components of v in this system (Eqs. 5.3.19-21) are given here as
= K k2 + k (Bzke - Bek,) (5.3.22)
11 Fl B2
= [k,  (Bik, - Bek,) - kek,:! z- (5.3.23)
Vz = kk - (Bzkg - Bgko) (ko - kz (5.3.24)
where
A = k + 1 (Bk, - Bek4) (5.3.25)
I
K= (k2+k . (5.3.26)
Finally, it is useful to verify that the kinetic equation is valid throughout the plasma
region of interest. This is true provided that the coherence length of the ion Bernstein
wave LIBw is greater than the correlation length of the fluctuations -1/eo. If this is true,
coherent phase effects between individual Fourier turbulent modes can be neglected.
This condition is satisfied within a wide margin throughout the plasma.
5.3.6: Numerical Results
Monte Carlo solutions to the kinetic equation were obtained numerically for the
following plasma parameters: 0.5 x 1020 m-3 < fie 5 2 x 1020 m- 3 , T = 900 eV,
Te = 1800 eV, Ip = 250 kA, BO = 7.6 T, nD/ne = 0.1, and 0 5 fe 5 0.5. The density
and temperature profiles were parameterized as
n(p) = nTg. + (no - nedge) 1 (E)2] (5.3.27)
T(p) = Tedge + (TO - Tedge ) [1 _- ] (5.3.28)
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where an = 1.2, aT = 2, nedVe = 7 x 1018 m- 3 , and Tedge= 40eV. The power deposition
profile was calculated as a function of plasma density and scattering amplitude. The
radial density fluctuation profile is modeled as a Gaussian with a peak at p/a = 0.95
and has a radial full width at half maximum of 2 cm. Although accurate measurements
of the turbulent radial profile were not available in the ion Bernstein wave experiments,
the profile characteristics were inferred from earlier measurements[81.
Linear power absorption was calculated for electron Landau damping and ion cy-
clotron damping on the deuterium species. Nonlinear damping mechanisms were not
included in this calculation. Once the power in a single ray was attenuated to less than
1/1000 of the initial power, that ray was assumed completely absorbed and another ray
was then traced. Each ray was individually traced for a time to which was long enough
so that unimpeded by fluctuations and undamped, a ray could cross the poloidal cross
section slightly more than once. Some rays which underwent many scattering events
still had a fraction of their initial power undamped after time to. This power was
discarded and not included in the total radial power deposition. As a result, the total
absorbed power was always less than unity but greater than 0.8. In principle, tracing
the rays for a longer time would cause the remaining power to become randomly dis-
tributed over the radial cross section and wouldn't change the main conclusions of this
study.
Rays which scattered into radial locations p > po where po is the radial starting
position of the ray, were assumed to be absorbed at the plasma edge. Figure 5.7 shows
the effect of increasing the scattering amplitude on ion Bernstein wave rays at a plasma
central density of 1.5 x 1020 m- 3. The histograms indicate the absorbed power
density.t The large power density at p ~ 2-3 cm is due to absorption at the w/D = 3
layer located at z = -3.4 cm. The width of the absorption peak is characteristic of the
spread in k1 of the rays. The remainder of the absorption results from electron Landau
damping and exhibits a minimum near x - 7 cm. This is the location where rays with
the majority of the power encounter a toroidal bounce point (kI ~ 0) and there is very
little electron Landau damping here.
As the scattering amplitude is increased, the power reaching the plasma center
(p/a < 0.5) is noticeably decreased. This is caused (in this model) by an increasing
fraction of power which is both deposited at the plasma edge as well as absorbed on the
electrons via electron Landau damping. The power deposited at the plasma edge results
from rays which are scattered out of the plasma. The reason for the increased electron
Landau damping is two-fold. First, the scattered rays may undergo multiple passes
t The power density is the total power deposited in a bin divided by pAp/V where p is
the radial location of the bin, Ap is the width of the bin, and V = E Pj APj.
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through the electron Landau damping region as the direction of their ray trajectory is
changed at each scattering event. Second, the value of k11, although not changed by
a scattering event, can increase due to toroidal effects as the ray trajectory is altered
in a scattering event. M. Brambilla[14]suggests that ion Bernstein wave ray tracing,
in general, overestimates the power which is electron. Landau damped. This can be
shown by comparing a ray tracing calculation with a full wave calculation. Considering
this, it is possible that the scattered rays do not undergo increased damping on the
electrons but may eventually find their way to the w/D =3 layer where they damp on
the ions (deuterium ions in this model). The primary effect of scattering in this case
would be to spread the power reaching the absorption layer over a wider radial region.
This effect can be appraximated from the numerical results by simply assuming that
the calculated radial power density (shown in Fig. 5.7 and 5.7) represents the power
deposited into the ions. The total power deposited in the plasma region for p/a < 0.5
is then used as a means of estimating the effect of the wave scattering on ion Bernstein
wave propagation. A scattering amplitude of about 30% is sufficient to prevent a
large fraction of the ion Bernstein wave power from penetrating to the plasma center.
Figure 5.8 shows the effect of increasing the fluctuation amplitude on ion Bernstein
wave propagation at a higher central density. The effect is essentially the same; a 30%
value of ii is sufficient to prevent much of the power from reaching the plasma center.
Figure 5.9 (a) shows the predicted fraction of power which propagates into the inner
1/2 of the plasma as a function of density; the measured scattering amplitude is shown
for comparison in Fig. 5.9 (b). The curve in Fig. 5.9 (a) is obtained as follows. An
upper bound of 40% is set for fie which corresponds to the value of 10 in arbritrary
units for fl. This upper bound is selected according to the measurements in Ref. 8.
Values of -h. corresponding to each density are obtained from the data in Fig. 5.9 (b).
Using these values of fi., the amount of power reaching the inner 1/2 of the plasma
is calculated by solving the kinetic equation using the Monte Carlo method already
outlined. The power reaching the plasma region where p/a < 0.5 decreases by about a
factor of four when the density increases from A. =1 x 1020 m- 3 to 3 x 1020 m- 3 . The
upper bound of 40% for fi. may be too high. If it is assumed to correspond to 10%
for example, the power reaching the inner 1/2 of the plasma remains as high as about
60%, even at the highest density.
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fe = 1.5 x 1020 m-3
Poloidal ray projection Radial power density
Vel
Figure 5.7 -Ion Bernstein wave poloidal ray trajectories and radial power depo-
sition-as a function of increasing fluctuation amplitude for a plasma line-averaged
density of 1.5 x 1020 m- 3 and Bo = 7.6 T. R represents the minor radial position.
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he = 2.7 x 1020 m--3
Poloidal ray projection Radial power density
Figure 5.8 -Ion Bernstein wave poloidal ray trajectories and radial power depo-
sition as a function of increasing fluctuation amplitude for a plasma line-averaged
density of 2.7 x 1020 m-3 and Bo = 7.6 T. R represents the minor radial position.
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5.3.7: Conclusions
The kinetic equation describing ion Bernstein wave scattering from turbulence has
been solved using a Monte Carlo direct sampling simulation. The radial power depo-
sition ,profile has been calculated as a function of edge density fluctuation amplitude.
It is found that the power reaching the plasma center (p/a < 0.5) is only dependent
on the normalized fluctuation amplitude and that a value of ft, ~ 0.3 is sufficient to
significantly reduce the ion Bernstein wave power reaching the central plasma.
An upper bound on the measured value of he = 0.4 at ft, = 3 x 1020 m-3 gives a
decrease of about a factor of four in the wave power which reaches the inner half of the
plasma (p/a 0.5) as the density increases from 4, = 1 x 1020 m-3 to r = 3 x 1020 m- 3 .
This decrease primarily results from a broadening of the power deposition profile. A
lower peak value of fi. at ft = 3 x 1020 m- 3 would produce less broadening of the
power deposition profile. The scattering results provide a method for determining the
expected rf power deposition profile as a function of plasma density. This profile can
now be used to describe the rf ion power source in a particle and energy transport
model. This is carried out in the following section.
5.4: Plasma Power Balance Analysis
5.4.1: Introduction
It has been shown previously[15, 16, 17] that at high densities, the global energy
confinement time on Alcator departs from the lower density neo-Alcator scaling -rE oc
4eR2.04al-04 and becomes saturated. An anomaly in the ion thermal diffusivity Xi of
three to five times greater than the Chang-Hinton neoclassical prediction is sufficient
to account for the observed confinement behavior in these high density plasmas. Ion
Bernstein wave heating experiments showed that large increases in the ion temperature
resulted with low rf powers (compared to the Ohmic power) for relatively low density
plasmas (4i < 1.1 x 1020 m- 3 ). In contrast to this, the ion heating rate in higher
density plasmas is substantially reduced. To understand the effect of plasma energy
confinement on the rf heating rate it is important to analyze the power balance charac-
teristics of the rf heated discharges. This section describes the model used to analyze
the plasma power .balance and presents the results and interpretation of this analysis
when applied to a set of rf heated discharges. Only data at the 7.6 T and 9.3 T magnetic
178 Chapter 5: Analyses of the Experimental Results
field regimes is analyzed; the changes in plasma parameters during rf injection at the
5.1 T regime are within experimental error and therefore no conclusions can be drawn
from this data.
This section begins by describing the model used for the time dependent transport
analyses. The model is then used to analyze the Ohmic portion of a set of discharges
in both the 7.6 T and 9.3 T field regimes. The goal of the analysis is to understand
the ion behavior. The electron behavior is only monitored due to its necessity in
calculating the electron-ion power flow from collisions. The analyses show that in both
magnetic field regimes, anomalous ion thermal conduction, relative to the neoclassical
value, is required to explain the observed Ohmic ion temperature behavior and this
anomaly increases with plasma density. The discharges are then analyzed during rf
power injection. The fraction of rf power assumed to be deposited in the plasma is
estimated from measured ion temperature profiles to be between 30% and 60% of the
total rf power entering the antenna system. The rf power deposition profile is obtained
from the scattering results given in section 5.3. The ion temperature behavior during rf
power injection at 9.3T can be explained by assuming that the ion thermal conductivity
remains nearly equal to the value in the Ohmic portion of the discharge. The ion
temperature behavior at 7.6 T can be explained by assuming that the ion thermal
conductivity remains nearly Ohmic-liket but increases slightly at low densities and may
decrease some at high densities. These results suggest that at 7.6 T, the ion losses are
typically enhanced at low densities at the onset of rf power injection; at high densities,
the ion losses may be reduced. At the 9.3 T field regime, ion losses are typically
maintained at the onset of rf power injection except at the highest densities. This
contrasting behavior between the two field regimes may be caused by the differing power
deposition profile in both field cases and by the characteristics of the ion temperature
gradient driven instability.
5.4.2: Analysis Technique
Energy and particle transport analysis of the data is carried out using a modified
version of the ONETWOI18 transport code. Inputs for this code are the parameterized
electron and ion temperature profiles, electron density profile, plasma current, Zef,
and the resistive loop voltage, which are supplied at usually 9 and up to 19 instants
of time before and during the time of rf power injection. The ion thermal conductiv-
ity is assumed to have the neoclassical form and the code determines an anomalous
conduction factor which reproduces the measured central ion temperature.
t Ohmic-like ion thermal conduction during rf power injection indicates that the ion ther-
mal conduction anomaly is equal to the Ohmic value at the equivalent rf density.
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Since an accurate measurement of the electron density profile was not available
from the ion Bernstein wave experimental data, the profile was approximated as a
parabola to the power a, where a. is adjusted to give the measured ratio of central
to line-averaged density. Thus, an is given by
.ie ,f? r(an + 1) (5.4.1)
neo 2 r(a. +2)
where r(m) is the standard Gamma function. In most of the density interferometer
data, only three of the interferometer chords which passed through the small size plasma
recorded a signal above the noise level. Abel inverting these chord measurements to
obtain a profile provided no better accuracy than the parabolic approximation.
The electron temperature profile was also approximated due to the lack of profile
measurements. The T, profile was assumed to be a parabola to the power af. An esti-
mate of the value of aT can be obtained in terms of the plasma central and edge safety
factor q = pBo/(RoBp) as follows. The Ohmic heating electric field E0 and the value
of Zff are assumed to be uniform across the plasma. The electron temperature profile
determines the conductivity and therefore the current profile. Since the conductivity
is proportional to T. the current density can be written as
J(p) = 0' T(p) 2 Eo (5.4.2)
where ao is evaluated using the central electron temperature. The electron temperature
profile is parameterized as
Te(p) = Te(O) 1 (p)] (5.4.3)
where the edge electron temperature is set to zero for simplicity. Integrating the Am-
pere equation using the current density in Eq. 5.4.2 gives the poloidal magnetic field
as
Bp(p) = Bp(a) {1 - 1- (5.4.4)
P a1
where the poloidal field at p = a is
B,(a) = J027r -aT + 1 (5.4.5)
a [2
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and Jo = uoEO is the current density on the magnetic axis. The toroidal safety factor
has a value on axis (p = 0) of
0) = Boa t+l 1 = q(a) 3ct + 1(5.4.6)RoBq(a) 2 2
giving an expression for aT as
2 r (a)S- j- 1 . (5.4.7)
The physical processes included in the power balance analysis are ion and electron
heat transport, particle transport, magnetic diffusion, neutral transport, and radia-
tion. The analysis is carried out in 1-D geometry (all quantities are functions only
of the space coordinate p) assuming concentric flux surfaces. The diffusion equations
considered in the transport model are
0-ne 1 L
O +n pr1=0 (5.4.8)
30 10 0T, 5 1
2 B n * = p [p [ n e "e 2T r 7] + PO h - P ei - P rad
+ LenTi (5.4.9)
e Op(5.4.)
30 3 1 T 5 E+2 & P ~p [: p 2 +Pe-Px
.7=ion -_Ion i =ion
r.aEn. T (5.4.10)
neB 8PpEo
-OB9  OE (5.4.11)
c &t Op
Here, r.,i is the electron or ion radial particle flux; S, is the electron source rate (from
all processes); xe,i is the electron or ion thermal diffusivity (the thermal conductivity
is ij = nixi); POh is the Ohmic heating power density. The collisional power exchange
between the electron and ions, Pe, is given by
Pei = 3e v i4e,(Te - T,) (5.4.12)
where
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2m.4 njZje4 InA
C3 n3 = -' - ;/ (5.4.13)
'l~VI my33/2
Pr. is the local radiated power density, and Pc. is the charge exchange loss. The last
term on the right side of Eqs. 5.4.9-10 represents an additional power exchange between
the ions and the electronslll9and is typically small compared to the other terms.
Boundary conditions for the electron and ion temperature and density are taken
from plasma edge and scrape-off measurements. The total plasma current is used as
the boundary condition for the magnetic diffusion equation.
A single impurity species is assumed to be present, either oxygen or molybdenum.
The electron and ion fluxes are assumed ambipolar and are related as
. =E Zjr. (5.4.14)
jlion
The impurity temperature is set equal to the main ion species temperature. The
total source rate S,, in Eq. 5.4.8, is determined with the help of a neutral transport
package. An input value for the global particle confinement time -rm provides the
necessary boundary condition for the source calculation. Radiated power is calculated
for bremsstrahlung and line radiation due to the assumed impurity species.
The magnetic diffusion equation is solved assuming classical resistivity and using
the total plasma current input I,(t) as the boundary condition. The value of Ze is
adjusted to match the experimental loop voltage. The resulting value can then be
compared with the measured value for consistency. The measured inputs are averaged
over any sawtooth effects, thus the calculated values of the transport coefficients include
the time averaged effects of sawteeth. For the majority of discharges analyzed, the q =1
surface is appraximately at the magnetic axis of the plasma [q(p = 0) : 1].
The ion heat transport equation is solved assuming an ion thermal diffusivity of
the form
xi(p, t) = W(t)xi"(p, t) + Df(q) (5.4.15)
where Xn"(p, t) is the Chang-Hinton neoclassical diffusivity[201, Db is the Bohm diffu-
sivity, and
q <f) = 0 ~ + -s 1(5.4.16)
0 > 1
is used to model the time-averaged effect of sawtooth activity. The time dependent
anomaly factor W(t) is dynamically adjusted to reproduce the measured central ion
temperature and the ion temperature profile is determined by the transport equations.
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5.4.3: Anomalous Ion Thermal Conduction
The ion thermal conduction anomaly is essentially an indication of how different
the measured ion temperature is than what is expected based on neoclassical theory.
Typically, ion power losses are anomalously high causing the measured ion temperature
to be lower than expected. To analytically investigate the effect of anomalously low ion
temperature on the the neoclassical multiplier W, it is useful to construct an approxi-
mate analytic expression for W. This can be obtained by considering the power balance
near the magnetic axis. Since the form of the ion thermal conductivity is assumed to
be neoclassical and W is adjusted so as to give the central ion temperature, it is the
characteristics of the transport near the plasma center which should be considered in
determining the value of W. The value of q(O) is assumed to be greater than or equal
to unity in this analysis (i.e. there are no sawteeth present in the discharge). The
neoclassical ion thermal conductivity is given in Ref. 19 as
2
K; = nxi = n;K2 C1/ 2 P-i (5.4.17)
where pi = 2m Tc 2 /(Zje2 B2), r is given by Eq. 4.4.2, e = p/Ro, and
of 1 E32( 2/ 2 'C~3/2
K2 =1K/2 + .2 (5.4.18)
1 + a2vd* + v%. 1 + c2 2i =04
The numerical constants in Eq. 5.4.18 are K20 = 0.66, a2 = 1.03, b2 = 0.31, and C2=0.74.
The ion thermal conductivity in the discharges to be considered is essentially in the
plateau regime (1 << vi. << e-3/2) for p < 0.5 cm (a ~ 12.0 cm). This region near
the magnetic axis is not pathological since its size is much larger than an ion Larmor
radius at a toroidal magnetic field of 7.6 T (PH ~ 0.06 cm). Near the magnetic axis,
especially at p = 0, the limiting value of X?** is written as
KID) 3 o(0)
xne*(O) = K-q ~ 2 (5.4.19)b2 V2& n;2Sio
where flo is the gyrofrequency evaluated using the toroidal field on axis. Since the
ion thermal diffusivity is explicitly independent of the collision frequencyt , it has no
explicit Zff dependence. Its main dependence is given by Ti(0)3/ 2 /(ZjBo) 2 .
t This is the case where particles which dominate the diffusion have a collision time which
is on the order of the time it takes a circulating ion to complete one poloidal orbit. Thus,
the collision frequency Pa' can be approximately replaced with 1/r. where r. is the
period for one complete poloidal orbit. This time is only dependent on plasma geometry,
magnetic field, plasma current, and ion temperature.
Section 5.4: Plasma Power Balance Analysis 183
A simple physical argument can be given to explain the basic dependence of the
ion thermal diffusivity on the magnetic axis. The diffusion is dominated by circulating
particles which undergo a pitch angle scattering after completing half of a poloidal
orbit. The approximate deviation of a particle from its flux surface during half of
a poloidal orbit is br = piee. In the limit of e << 1, r ~ V2-p = qvti/fli where
f; is the cyclotron frequency for the toroidal field. The time between collisions is
approximately -; ~ 7rRoq/vti. The fraction of the particles contributing to the diffusion
is approximately unity. Constructing a diffusion coefficient from the step size and the
step time gives D ~ qvi /(wrRof)) which is within a factor of order unity of the limiting
form (Eq. 5.4.19).
An approximate expression for W can be obtained by writing out the ion power
balance at p = 0 as
a Xie aTiW c Pei IPO/ p n a (5.4.20)
where the charge exchange and convective power loss has been neglectedt and i indi-
cates the main ion species.
The expression for the electron-ion power flow is
Peioc.Te(0) (j)Zjn(O)ln A.Te (5.4.21)
where pj is the atomic mass number of the j ion species. The ratio Z,/psg is unity
for hydrogen and about 1/2 for the impurity ion. A Zf different than unity has a
minor effect on the behavior of Pei, mainly by adjusting the ion species densities. The
hydrogen and impurity densities in a two ion species plasma with an impurity having
atomic number Z1 are given by
nH = ne Z ] (5.4.22)
nz = ne .ef- ] (5.4.23)IZZ(ZI - 1)
If the impurity is molybdenum, for example, Z1 = 32 and if Ze = 3, Eqs. 5.4.22-23
give nH/ne = 0.94 and n1 /n. = 0.002. Thus, the variation in the hydrogen density
: This is justified for the data considered here provided n.(O) > 1.5 x 1020 m-3 .
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over a range of 1 < Z 5 3 is only 6% at most, indicating that the behavior of W is
relatively insensitive to the value of Zf. The primary dependence of Pes is given by
(T e)/T/2 where only the main ion species contribution is kept.
The behavior -of W can now be simplified to
2 T.-Ti
Wo?1 e 7 s/2W o: - e (5.4.24)
n.3/2,92T-
where all quantities are evaluated on the magnetic axis. An estimate of 82 T,(0)/0p 2
is T(0)/a2 where a, is the ion temperature profile scale length. An estimate of Pg
can be obtained from Eq. 5.4.20 by setting Ti = 7' where 7Te is the expected ion
temperature due to neoclassical transport. In this case, W is unity and
pn eeo-~ 5 /2 TeT * a Te (5.4.25)
This gives an overall estimate for W of
W oc ( O 5/2 2 Te - . (5.4.26)
\T} \ane T. - 7m*
Equation 5.4.26 shows that the value of W can depart from unity through three effects.
First, an anomalously low ion temperature gives rise to a lower neoclassical conductive
power loss causing the value of W to increase so as to compensate for this. Second,
a lower T increases the electron-ion power flow. The value of W must increase in
response to this so as to carry away the excess power through the ion conduction loss
channel. Third, a broader ion temperature profile indicates that a, > ar" and implies
a higher ion thermal conduction. Within the approximations considered and assuming
that a./a' is weakly dependent on the value of W, Eq. 5.4.26 confirms that the value
of W is essentially a measure of the anomaly in the central ion temperature.
5.4.4: Ohmic Discharges at 7.6 Tesla
Analysis at the 7.6 T regime was done for 14 discharges which spanned a density
range of 0.75 x 102 m- 3 5 5e 5 2.8 x 102 m- 3 . Figure 5.10 shows the inferred value
of the ion thermal conduction anomaly in the Ohmically heated portion of these dis-
charges as a function of the line-averaged density. The total plasma current ranges
between 230 kA and 290 kA with an Ohmic input power POh = 550 ± 100 kW. The
value of Zf is shown in Fig. 5.11 and exhibits the behavior of a decreasing value
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with increasing density. The ratio of central to line-averaged density is typically about.
1.2-1.4 (corresponding to a, ~ 0.6) indicating a broad density profile. The ion con-
duction anomaly is nearly constant at a value close to unity (within the error) for low
density discharges but then begins to increase with density. Figure 5.12 shows a plot
of the absolute magnitude of the neoclassical ion thermal diffusivity [calculated from
the measured values of ni(0) and T(0)] on the magnetic axis versus the line-averaged
electron density.
Figure 5.13 shows the individual components of the integrated ion power flow at
p/a = 0.75. Each power shown is normalized to the total integrated Ohmic input
power at p/a = 0.75. Most of the power flow important to the description of these
discharges appears to take place within p/a = 0.75. Limiting the analysis to within this
region excludes the power flow in the edge region which can be dominated by errors
resulting from uncertainties in the boundary values. The power loss through convection
is typically about 10%Poh and remains relatively constant with density. The power
loss through charge exchange and ionization is less than 5 %Poh and decreases from
a positive value to a negative value with density. The power loss through conduction
increases nearly linearly with density and follows the electron-ion power source which
also increases with density. The conduction and convection power loss are comparable
for ft, < 1.5 x 1020 m- 3 . In this region, improvements in the particle confinement time
can have a significant effect on the overall ion power balance. At higher densities, the
particle confinement time is not as important.
5.4.5: Rf Heated Discharges at 7.6 Tesla
The rf power source is modeled in the shape of an annulus with power distributed
across the annulus area according to the power deposition profile estimated from the
scattering results (see Figs. 5.7 and 5.8 ). The fluctuation amplitude is assumed to be
~ 40% at fte = 3 x 102 m- 3 , consistent with Fig. 5.9 (b). The total rf power which
actually flows into the hydrogen comes from both collisional power exchange from the
heated deuterium and possibly from direct rf power absorption on the hydrogen. The
power flow from the heated deuterium to the hydrogen has been estimated from the
data in Fig. 4.10 to be - 3 0%Pf t . The power deposited directly into the hydrogen
t Prf is used to indicate the total rf power entering the antenna system.
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Figure 5.10 -Inferred value of the ion thermal conduction anomaly during
Ohmic heating as a function of line-averaged density. Bo = 7.6 T.
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Figure 5.11 -Ohmic ZjT value measured from visible bremostrahlung as a func-
tion of line-averaged density. BO = 7.6 T.
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Figure 5.12 -Calculated neoclassical ion thermal diffusivity on the magnetic
axis as a function of line-averaged density. BO = 7.6 T.
5000
4000
3000
2000
Cq
.1
1000
3.0
Section 5.4: Plasma Power Balance Analysis 189
Pet
Conduction
Convection
Charge Exchange
A
A
1.0
0.5
0.0
-0.5
00
AAA
A
I
-1.0'-
0.0 0.5 1.0 1.5 2.0
fe (1020 m- 3 )
2.5 3 .0
Figure 5.13 -Individual components of the ion power flow during Ohmic heating
at p/a = 0.75 as a function of line-averaged density. Bo = 7.6 T.
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cannot be obtained from the data and must be estimated from the characteristics of the
absorption mechanism. On one hand, if rf power absorption on the deuterium occurs
via ion Bernstein wave decay (see section 2.8.4), the quasimode at w = 0 .5 fH, which
contains ~ 30%Prf, damps on the deuterium. The lower frequency ion Bernstein wave
at w = (1 + z)flH (z << 1), contains ~ 60%Prf t and damps on the hydrogen. In this
case, the total power which flows into the hydrogen is estimated to be ~ 90%Prf. On
the other hand, if rf power absorption on the deuterium occurs via linear damping at
the w = 3D layer, the power absorbed directly by the hydrogen via self-interaction
near w = 1 .5 fH can be as low as ~ 0%Prf. In this case, the total power which flows
into the hydrogen is ~ 30%Prf. A total power flow into the hydrogen of 60%Prf, which
lies between both extremes, was used to model the rf portion of the discharges.
Figure 5.14 shows a comparison of the inferred value of the ion thermal conduction
anomaly during the Ohmic heated portion of the discharge with the anomaly during the
Ohmic and ion Bernstein wave heated portion. The letters label points corresponding
to the same discharge. Notice that at low densities, the density during rf power injection
is somewhat higher than during the Ohmic heating phase. Assuming that 60%Prf flows
into the hydrogen, the ion thermal conduction anomaly can remain nearly Ohmic-like
to explain the observed ion temperature behavior. There is a small increase in the ion
thermal conduction at low densities (by a factor of ~ 1.5) which is just outside of the
error bars. This may indicate that x; degrades at the onset of rf power injection at
low densities. At higher densities, Xi appears to improve although the improvement is
within the error bars.
There is some uncertainty in both the amplitude of the total power which flows into
the hydrogen and in the edge density fluctuation amplitude. The effect of reducing the
total power to 30%Prf, while keeping the fluctuations the same, is shown in Fig. 5.15 .
The figure shows that the ion thermal conductivity can still remain nearly Ohmic-
like to explain the ion temperature increase. The slight increase in the ion thermal
conductivity at low densities is now < 1.5 times and the decrease at high densities
is more significant. This result still suggests that the ion thermal conduction may
increase slightly at low densities and decrease at high densities. The effect of reducing
the fluctuation amplitude to 0% while keeping the power flowing into the hydrogen at
60%Prf is shown in Fig. 5.16. The rf power is mainly deposited between 1 cm < p< 4 cm
without edge fluctuations. The ion thermal conductivity for this case shows a large
increase (2-4 times the Ohmic value) at low densities and is relatively unchanged at
high densities. If this power deposition model is correct, then the ion losses are strongly
$ This fraction of power is estimated from the Manley-Rowe nonlinear energy relations
(see Ref. 21).
Section 5.4: Plasma Power Balance Analysis 191
enhanced at the onset of rf power injection at low densities but are not changed from
an already large value at high densities.
Several types of ion temperature simulations were made with the data at Bo = 7.6 T.
A simulation is carried out by assuming a constant value for the ion thermal conduction
anomaly Wim and simulating the central ion temperature behavior. The anomaly used
in the simulation is assumed to be Ohmic-like (see Fig. 5.10 ) at the rf density. In most
of the 7.6 T cases the density increase was small (, 20%) and Wim was nearly equal
to the initial Ohmic value. The cases with Woh r 1 had the largest density increases
and were simulated with Wim = 1.5. Figure 5.17 shows the results of two simulations
of ATi/Prf compared with the experimentally measured value. The first simulation is
made by assuming that no rf power flows into the ions but that the ion temperature in-
crease results only from an improvement in the global particle confinement time so that
r,(rf) = 1.5rp(Oh) (independent of density). The measured behavior of r,(rf)/r,(Oh)
(see Fig. 4.17) decreases with density (the maximum value is ~ 2) therefore, this sim-
ulation represents an approximate upper bound to the ion heating rate resulting only
from a TP improvement. Ion heating rate simulations were also done assuming that
r,(rf) = 2rp(Oh); in these cases, the simulated value of AT,/Prf was approximately
twice that for rp(rf) = 1.5rp(Oh). The second simulation in Fig. 5.17 is made by assum-
ing that the global particle confinement time improves as in the first simulation and
that 60%Prf is deposited into the main ions in a radial profile given by the scattering
results (assuming that fie = 0.4 at ft, = 3 x 1020 m 3 ). In both simulations, the value
of Prf used to calculate the quantity AT/Prf is the total measured rf power entering
the antenna system and AT is the difference in ion temperature between the already
described simulation and a baseline simulation where Pf = 0, -rp(rf) = rp(Oh), and
W = Wam. The simulations confirm that a nonzero source of rf power is required to ex-
plain the measured ion temperature behavior provided that the ion thermal conduction
doesn't decrease relative to the Ohmic value at the onset of rf power injection.
Ion heating rate simulations of the data at Bo = 7.6 T exhibit two important char-
acteristics. First, both simulations show a strong decrease in the ion heating rate as
a function of density. This results solely from the increasing ion thermal conduction
anomaly. In the first simulation where Prf = 0, the power loss due to ion conduction
quickly becomes the dominant ion loss mechanism as the density increases. As a result,
decreasing the convection loss by improving Tp produces an increasingly smaller effect
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Figure 5.14 -The inferred value of the ion thermal conduction anomaly during
Ohmic and ion Bernstein wave heating as a function of line-averaged density
assuming that 60%Pe flows into the hydrogen and that the fluctuation amplitude
reaches a value of 40% at f6 = 3 x 1020 m-3 . The letter labels indicate data points
from the same discharge. Bo = 7.6 T.
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Figure 5.15 -The inferred value of the ion thermal conduction anomaly during
Ohmic and ion Bernstein wave heating as a function of line-averaged density
assuming that 30%Prr flows into the hydrogen and that the fluctuation amplitude
reaches a value of 40% at f4 = 3 x 1020 m-. The letter labels indicate data points
from the same discharge. B0 = 7.6 T.
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Figure 5.16 -The inferred value of the ion thermal conduction anomaly during
Ohmic and ion Bernstein wave heating as a function of line-averaged density
assuming that 60%Pr flows into the hydrogen and that the fluctuation amplitude
has a value of 0. The letter labels-indicate data points from the same discharge.
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Figure 5.17 -Simulated ion heating rate AT/Pr as a function of line-averaged
density. In one case, Pr = 0 and the ion temperature increase results only from
improved particle confinement. In the other case, 60%Prf flows into the hydrogen
with a profile given by the scattering results and the ion temperature increase
results from both improved particle confinement and rf power absorption. Bo =
7.6 T.
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on the ion power balance. In the second simulation where 60%Pf flows into the hydro-
gen, the increasing anomalous ion conduction loss reduces the ion energy confinement
resulting in less of an ion temperature increase for a given rf input power.
The second characteristic is that the simulated heating rate at low densities (as-
suming an Ohmic-like ion thermal conduction) is somewhat greater than the measured
rate at low densities. However, at higher densities, the simulated heating rate is slightly
less than the measured heating rate. The interpretation of these results is that at low
densities, rf power injection enhances the ion losses so as to degrade the ion thermal
conduction from its Ohmic-like value to a value which is 2-3 times the neoclassical
value. The ion thermal conduction at high densities is slightly reduced from its Ohmic-
like value at the onset of rf power injection. This interpretation is consistent with the
results shown in Fig. 5.14. Assuming that either the fluctuation amplitude or the total
power which flows into the hydrogen is overestimated does not qualitatively change this
interpretation. At the onset of rf power injection, the low density discharges still show
an increase in the Ohmic-like ion thermal conduction and the high density discharges
still show either a slight decrease or no change from the Ohmic-like value.
Summarizing the results at 7.6 T, it is shown that within experimental uncertainty,
the inherent ion energy confinement characteristics of these discharges can explain
the ion temperature behavior. More specifically, assuming that 60%Prf flows into
the hydrogen with a radial profile given by the scattering results, the ion thermal
conductivity must increase by ~ 1.5 times the Ohmic value (to 2-3 times the Chang-
Hinton neoclassical prediction) at the onset of rf power injection to explain the ion
temperature behavior in the low density discharges. At high densities, the Ohmic ion
thermal conductivity is already 4-7 times the Chang-Hinton neoclassical value and
may decrease slightly at the onset of rf power injection. A lower value of rf power or
fluctuation amplitude will produce qualitatively similar results.
5.4.6: Ohmic Discharges at 9.3 Tesla
Analysis at the 9.3 T regime was done for 8 discharges which spanned a density
range of 0.8 x 10 20 m- 3 <ft. S 2 x 1020 m- 3 . These discharges showed similar behavior
as the 7.6 T data; however, there were some marked differences. Figure 5.18 shows
the inferred value of the ion thermal conduction anomaly of the Ohmic portion of the
discharges as a function of line-averaged density. The Ohmic power is 450 + 60 kW.
This is slightly lower than the 7.6 T data due to a lower plasma current (~ 180 kA)
and a slightly lower resistive loop voltage. The density dependence of Zef is shown in
Fig. 5.19 . The ratio of central to line-averaged density is 1.4-1.9 (a: - 1.6) indicating
a somewhat more peaked density profile than in the 7.6 T discharges. The ion thermal
conduction anomaly is small (1-2 times the Chang-Hinton neoclassical prediction) at
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low densities and shows an increase at higher densities. The absolute magnitude of the
neoclassical ion thermal diffusivity on the magnetic axis in these discharges is somewhat
smaller (2300 cm 2 /s) than in the 7.6 T cases.
The individual components of the ion power flow are shown in Fig 5.20 (a). The
power is integrated out to p/a = 0.5 since most of the power flow in these discharges
seems to occur within p/a = 0.5. This is probably a consequence of the more peaked
profiles at higher q. The integrated power at p/a = 0.75 is shown in Fig. 5.20 (b) for
comparison. Convective power loss is typically < 10%Poh. Power loss through charge
exchange and ionization is less than 5%Poh. The conductive power loss increases with
density and follows the electron-ion power source. Within p/a < 0.75, the convec-
tive and conductive power losses are comparable indicating that particle confinement
improvements can influence the ion power flow for nearly all of the cases considered.
5.4.7: Rf Heated Discharges at 9.3 Tesla
At this magnetic field, rf power absorption is expected to occur on deuterium and
hydrogen at the w = 3D layer located ;, 2 cm in front of the antenna and on the
deuterium at the w = 2.5D layer located near to the center of the plasma. Direct
power absorption on the hydrogen in the plasma center is not expected. The power
flow into the deuterium has been estimated in section 4.4.4 from Fig. 4.15 to be 20 kW-
40kW or ~ 60%Pf ; the primary uncertainty in making this estimate lies in the value
of the deuterium concentration. The fraction of power deposited near the plasma edge
at the w = 3D layer cannot be determined from the data but can be estimated from
theoretical considerations. If rf power crosses the w = 30D layer via parametric decay
(see section 4.4.4), the lower frequency ion Bernstein wave at w ~ 2.8 fD contains (from
Fig. 4.15) about 60%Pd. The quasimode at w ~ 0.2% contains ~ 5%Pf (estimated
from the Manley-Rowe nonlinear energy relations). The remaining power, ~ 35%Pf, is
assumed to be deposited near the plasma edge at the w =3D layer. If rf power crosses
the w = 3% layer due to the toroidal ripple effect on the resonance layer location,
the power flow into the deuterium must still be ~ 60%Pgf and the power deposited at
the edge in this case is ~ 40%Pd. The deuterium exhibits a two temperature energy
spectrum and the fraction of deuterium in the superthermal component is estimated to
be ~ 30% of the total deuterium. Power conducted out by the high energy deuterium
component is estimated to be negligible due to the low deuterium density. Considering
this, a total power flow into the hydrogen from the deuterium of 60%Pr was chosen to
model the rf portion of the discharges.
198 Chapter 5: Analyses of the Experimental Results
Xi/Xneo
01
0.0 0.5 1.0 1.5 2.0 2.5
le (1020 m- 3 )
Figure 5.18 -Inferred value of the ion thermal conduction anomaly during
Ohmic heating an a function of the line-averaged denaity. Bo = 9.3 T.
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Figure 5.19 -Ohmic Zfr measured by visible bremnatrahlung as a function of
the line-averaged density. BO = 9.3 T.
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The rf power source for this regime is also modeled in the shape of an annulus with
the power distributed according to the estimated power deposition profile. Once power
crosses the w = 3MD layer, ray tracing calculations at this field give a power deposition
profile similar to the 7.6 T regime. Edge density fluctuations, measured for ft. > 1 x
1020 m-3 , are observed at 9.3 T; the measurements show a nearly identical behavior as
is observed in the 7.6 T regime [see Fig. 5.6 (b)]. The fluctuation amplitude is assumed
to be ~ 40% at ft = 3 x 10 2 0 M-3. Figure 5.21 shows a comparison of the inferred
value of the ion thermal conduction anomaly during the Ohmic heated portion of the
discharge with the anomaly during the Ohmic and ion Bernstein wave heated portion.
The data points are plotted at the line-averaged density corresponding to either the
Ohmic or the Ohmic and ion Bernstein wave heated portion of the discharge. Within
the experimental error, an ion thermal conduction anomaly during rf power injection
which is approximately the Ohmic value, is sufficient to explain the ion temperature
behavior. This is in contrast to the 7.6 T data at low densities which showed that a
small increase in the ion thermal conduction during rf power injection is necessary to
account for the ion temperature behavior.
As in the 7.6 T regime, there is some uncertainty in both the amplitude of the total
power which flows into the hydrogen and in the edge density fluctuation amplitude. The
effect of reducing the total power to 30%Prf, while keeping the fluctuations the same,
is shown in Fig. 5.22 . The figure shows that the ion thermal conductivity decreases
slightly from the Ohmic value at the onset of rf power injection. This result suggests
that the ion losses are reduced in comparison to the initial Ohmic losses at the onset
of the rf power. The effect of reducing the fluctuation amplitude to 0% while keeping
the power flowing into the hydrogen at 60%Prf is shown in Fig. 5.23. In this case, the
ion thermal conduction can remain nearly Ohmic-like to explain the ion temperature
behavior. In each case, the results at the 9.3 T regime indicate that the ion losses
are either reduced or maintained compared to the Ohmic-like losses at the onset of rf
power injection.
Figure 5.24 shows the result of an ion temperature simulation where the particle
confinement is assumed to improve in accord with the data in Fig 4.17 and 60%Pd
is assumed to flow into the hydrogen with a profile approximated from the scattering
results. The ion thermal conduction anomaly is assumed to be Ohmic-like. The particle
confinement improvement can explain up to ~50% (at low densities) of the observed ion
temperature behavior; however, a nonzero amount of rf power is required to account for
the complete ion temperature behavior. A number of the low density discharges (one
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Figure 5.21 -The inferred value of the ion thermal conduction anomaly during
Ohmic and ion Bernstein wave heating as a function of line-averaged density
assuming that 60%Pre flows into the hydrogen and that the fluctuation amplitude
reaches a value of 40% at f, = 3 x 10O m-3 . The letter labels indicate data points
from the same discharge. B0 = 9.3 T.
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Figure 5.22 -The inferred value of the ion thermal conduction anomaly during
Ohmic and ion Bernstein wave heating as a function of line-averaged density
assuming that 30%Pr flows into the hydrogen and that the fluctuation amplitude
reaches a value of 40% at fl.= 3 x 1020 m- 2 . The letter labels indicate data points
from the same disdarge. Bo = 9.3 T.
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Figure 5.23 -The inferred value of the ion thermal conduction anomaly during
Ohmic and ion Bernstein wave heating as a function of line-averaged density
assuming that 60%Pr flows into the hydrogen and that the fluctuation amplitude
has a value of 0. The letter labels indicate data points from the same discharge.
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is included with the 8 cases analyzed here) with the highest ion heating rate showed a
slight peaking of the density profile during rf power injection.
The measured ion heating rate for several of the high density discharges was typi-
cally <0. This resulted because at the onset of rf power injection, the electron temper-
ature decreased markedly. At high densities, since the electrons and ions are strongly
coupled, the ion temperature fell below its Ohmic value in response to the electron
temperature. The electron temperature behavior resulted from impurity generation at
the onset of rf power injection. The rf power is typically Pr > 110kW and impurity
generation increases with rf power and plasma density.
The ion heating rate simulation at 9.3 T shows a strong decrease as a function of
density and is similar in magnitude to the 7.6 T data indicating that the Ohmic ion
heating rate of the two magnetic field regimes is nearly identical. The decrease in ion
heating rate with density results once again from the increasing ion thermal conduction
anomaly. The simulated ion heating rate is typically lower than the measured heating
rate. The interpretation of this result is that Ohmic-like ion thermal conduction during
rf power injection used in the simulation is too large. This is consistent with the results
shown in Figs. 5.21 , 5.22 , and 5.23. The ion losses are either improved or maintained
compared to the Ohmic-like losses at the onset of rf power injection.
Summarizing the results at 9.3 T it is shown that the inherent ion energy confine-
ment characteristics of these discharges can account for the observed ion temperature
behavior. Assuming that 60%Pf flows into the hydrogen in a power deposition profile
given by the scattering results, an ion thermal conduction during rf power injection,
similar to the Ohmic value, is sufficient to explain the observed ion temperature behav-
ior. Uncertainties in the total power flowing into the hydrogen and in the edge density
fluctuation amplitude do not qualitatively alter this conclusion.
5.4.8: Sensitivity of Results
Uncertainties in the experimental parameters can alter the results of the power
balance analyses. To determine the effects of the uncertainties, several test discharges
were constructed by varying the measured quantities of actual discharges within the
limits of experimental error. The primary sources of error are in the electron central
temperature and profile, electron central density and profile, and the absolute value
of the particle confinement time -rp. The error in the T. central value is estimated to
be about 10%[15l. The error in central electron density from the Thompson scattering
system is estimated to be about 15%, the error in the calculated profile is taken to be
15%. The error in the absolute magnitude of -rp is roughly estimated to be about 50%.
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Figure 5.24 -Simulated ion heating rate AT/Prf as a function of line-averaged
density assuming an Ohmic-likw ion thermal conductivity and that 60%Per flown
into the hydrogen with a profile given by the scattering results. The ion tem-
perature increase results from both improved particle confinement and rf power
absorption. Bo = 9.3 T.
Section 5.4: Plasma Power Balance Analysis 207
The resulting variation in the inferred ion thermal conductivity and the simulated ion
heating rate is shown by the error bars. The uncertainty in x;/xin* is small at low
densities and large at high densities. At low densities, the electrons and ions are not
well coupled since the difference in their temperatures is large. A 10%-15% change
in the electron temperature and density does not produce a large effect on the ions.
This situation is different at high densities where the electron and ion temperatures
are much closer together and the value of P.;, which mainly influences the value of
W, is very sensitive to variations in Te. Within the experimental error it can still be
concluded that the ion thermal conduction anomaly in these discharges increases with
density.
5.4.9: Discussion
Previous authors[15, 16, 22, 23] have indicated the presence of anomalous ion ther-
mal conduction on Alcator C and have shown that the anomaly increases with plasma
current. In addition, experiments on other tokamaks suggest the existence of anoma-
lously high ion losses. The results of the analyses of the ion Bernstein wave data show
that the anomaly also increases with increasing plasma density.
It has been suggested that the cause of the anomalous ion thermal conduction may
arise from VTi-driven ion drift instabilities (e.g. the ion mixing mode or 7; mode).
This instability has been discussed by a number of authors[24, 25, 26, 27, 28, 29, 30] and
arises from ion drift modes which tend to mix hot and cold ion populations. The mode
becomes unstable when 7i exceeds a critical value oi7 where
d(bn T;)
S= d(ln . (5.4.27)d(In n;)
and m7it - 1.5. The mode tends to be excited by both a broad ion density profile
and a narrow ion temperature profile. Measurements of the propagation velocity of the
edge density fluctuations in a 16 cm Alcator C plasma[8 indicate that at low densities
(fi8 < 1.5 x 1020 m- 3) the direction of wave propagation is in the electron diamagnetic
direction. Above this density (fi > 1.5-2 x 1020 m- 3 ) the direction of propagation
changes to the ion diamagnetic direction. The minimum value of f2 in Fig. 4.21(b)
may represent the transition in propagation direction of the density fluctuations. The
fluctuations at higher densities possibly result from ion drift waves in the plasma and
their presence may indicate that the ion-mixing mode is operative giving rise to the
observed anomalous ion losses.
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The measured ion temperature and density profiles contain significant errors and
unfortunately cannot be used to estimate a meaningful value of m;. Nevertheless, pre-
vious estimates[15] indicate that 0.8 < it;(a/2) < 1.7 for gas fueled discharges. It is
interesting to estimate an upper bound for Xi due to the enhanced transport from ion
temperature gradient driven modes. One estimate for the ion thermal diffusivity has
been given in Ref. 23 as
xj s T 2 ( Pi (q) DbF(r) (5.4.28)
where r = d(In T)/dp, Db = cT/eB, pi is the ion gyro-radius, 2rRq is the relevant
connection length, T is of order unity, and F(r) is a function which represents the spatial
dependence of the amplitude. Estimating this near p/a ~ 0.5 for either magnetic field
regime for F ~ 1 gives a value for X; which is 20-100 times larger than the neoclassical
value. This result additionally confirms the possibility of enhanced transport due to
ion temperature gradient driven modes.
The behavior of the rf heated discharges at 7.6 T and 9.3 T may be understood in
terms of the rf power deposition profile and the characteristics of the ion temperature
gradient driven instability. For example, at low densities in the 7.6 T regime, rf power
deposition is peaked near the plasma center (1 cm < p 54 cm). This may cause the ion
temperature profile to peak in the center, increasing the value of 7i, and leading to an
enhancement of the ion losses. At higher density, the power deposition profile becomes
spread over the plasma cross-section. This may cause the ion temperature profile
to increase in a more uniform way causing the value of 14 to remain nearly constant
or possibly decrease. The ion thermal conduction then remains nearly constant or
decreases in response. At the 9.3 T regime, rf power deposition occurs both at the
plasma edge (at the w =3D layer) and near the center of the plasma. Power deposited
at the plasma edge may broaden the ion temperature profile causing the value of 7;
to decrease independently of the central power deposition profile. The ion thermal
conduction then decreases or maintains an Ohmic-like value at the onset of rf power
injection.
The different behavior of the rf heated discharges at 7.6 T and 9.3T may indicate the
importance of favorably modifying the ion temperature profile with the rf power. The
9.3 T regime provides a natural way of doing this with the w = 3I layer located just
in front of the antenna. Although the ion heating is best at this high field regime, it is
only good at low densities. At high densities, the electron temperature drops markedly
at the onset of rf power injection causing the ion temperature to drop from its Ohmic
value. This behavior is attributed to increased impurity injection at high densities. The
7.6 T regime also exhibits decreases in the electron temperature at the onset of rf power
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injection at high densities, but the decrease is not as large as in the 9.3 T regime. The
presence of the w = 3D layer therefore, may be helpful at low densities for modifying
the ion temperature profile but may be detrimental at high densities by causing a
large impurity production. Another source of impurity production is the edge electron
heating due to the quasi-mode (as a result of parametric decay in front of the antenna
in the 9.3 T case) which would cause enhanced sputtering near the edge[5, 6, 31].
5.4.10: Global Energy Confinement
Figure 5.25 shows the global energy confinement time during the Ohmic heating
phase and the Ohmic plus ion Bernstein wave heating phase for both field regimes. Al-
though numerous discharges showed a global energy confinement time during rf power
injection which was greater than the initial Ohmic value, the global energy confine-
ment time during rf power injection was always less than the confinement time of an
equivalent Ohmic discharge (at the same density) for both field regimes. The cause of
this is due to increased radiation loss from impurities. This is especially apparent in
the 9.3 T data which shows large electron temperature decreases (particularly at higher
densities) at the onset of rf power injection. The electron temperature also decreases
in the 7.6 T data; however, the decrease is not as significant as in the 9.3 T data. As a
result, the global energy confinement time during rf power injection is somewhat lower
(-r ~ 8-10 ms) at 9.3 T than at 7.6 T (-r ; 15 ms).
5.4.11: Conclusions
Analyses of Ohmic discharges at 7.6 T and 9.3 T have indicated the presence of
anomalous ion thermal conduction which increases with plasma density. This anoma-
lous ion thermal conduction may be due to increased transport arising from 77 modes.
The ion temperature behavior at 7.6 T can be explained by assuming that - 60%Pe is
deposited into the hydrogen in a profile given by the scattering results. At low densi-
ties, the rf power deposition profile, which is peaked near the plasma center, may cause
the ion temperature profile to peak. This may increase the value of qi causing the ion
thermal conductivity to increase above the Ohmic-like value. At higher densities, the
power deposition profile is broadened as a result of the edge fluctuations causing the
value of i; to remain equal to the Ohmic value or possibly decrease. The result is that
the ion thermal conduction remains nearly the same as the Ohmic value or decreases
slightly. The ion temperature behavior at 9.3 T can be accounted for by assuming that
60%Pd is absorbed by the hydrogen in a profile given by the scattering, and that the
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Figure 5.25 -Experimental global energy confinement time during the Ohmic
and Ohmic plus ion Bernstein wave heated portions of the discharge as a function
of line-averaged density. (a) Bo = 7.6 T. (b) Bo = 9.3 T.
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ion thermal conductivity remains nearly equal to the Ohmic value. Power deposition
near the plasma edge at the w = 3MD layer may broaden the ion temperature profile
causing the value of i; to decrease or remain constant. The ion thermal conduction
then remains constant or decreases in response. The decrease in the ion heating rate
with increasing density in both magnetic field regimes is essentially accounted for by
the increasing anomaly in the ion thermal conductivity as a function of plasma den-
sity. Uncertainties in the total power flow into the hydrogen and in the fluctuation
amplitude do not qualitatively alter these conclusions. Unfortunately, due to a lack of
accurate ion density and temperature profile measurements, more definitive statements
regarding 7; modes cannot be made.
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CHAPTER
Conclusions
6.1: Summary
The previous chapters presented the experimental study of ion Bernstein waves in
the Alcator C tokamak and attempted to explain through detailed analyses the causes
for the experimentally observed results. In particular, the antenna-plasma loading,
wave propagation and power absorption, and the plasma response to ion Bernstein wave
power injection were analyzed within the context of current plasma theories. Also, the
characteristics of the ion Bernstein wave were discussed.
The ion Bernstein mode was shown to be essentially a sound-like plasma wave
which oscillates at a frequency near the ion cyclotron frequency or its harmonics. The
majority of the wave energy is in the ion kinetic motion. The wave length perpendic-
ular to the background magnetic field is on the same order of magnitude as the ion
Larmor gyro-radius. The wave can undergo strong linear damping at integral ion cy-
clotron harmonics. Two nonlinear power absorption mechanisms are mentioned. First,
nonlinear Landau damping via ion Bernstein wave self-interaction gives rise to power
absorption at odd-half integral ion cyclotron harmonics. This may be important at
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several magnetic field regimes studied in the experiment. Second, nonlinear Landau
damping on deuterium via ion Bernstein wave decay is considered. In this process, the
ion Bernstein wave decays into another ion Bernstein wave at a downshifted frequency
and an ion quasimode at w/fH = 0.5 (w/D = 1). The ion quasimode is resonant
with the fundamental ion cyclotron frequency of the deuterium species. This process
is shown to be important at the 7.6 T regime.
Antenna-plasma loading measurements were made as a function of plasma density,
magnetic field, and rf power. The antenna loading exhibited a maximum of 1.5 fl when
the hydrogen second harmonic layer was placed just to the low field side of the antenna.
Outside of this magnetic field, the antenna loading was nearly constant at 1 f. The
antenna loading increased with density until fie ~ 2.6 x 1020 m- 3 ; beyond this density,
the antenna loading decreased. The loading also showed a ~ 20% decrease in value as
the rf power was increased from 50 kW to 150 kW.
A C02 laser scattering diagnostic system was used to study ion Bernstein wave
propagation and absorption in Alcator C. The ion Bernstein wave perpendicular wave
vector was mapped out as a function of minor radius and showed good agreement
with the theoretical dispersion curve. The amplitude of the scattered signal was nearly
linearly dependent on the rf power. Power absorption was investigated across the
W/fID = 3 layer at both the 7.6 T and 9.3 T field regimes. The C02 scattered signal
showed a strong attenuation across this layer suggesting ion Bernstein wave power
absorption.
Ion Bernstein wave heating experiments were carried out in plasmas within the
density range 0.6 x 1020 m- 3 < fii 5 4 x 1020 m- 3 and magnetic fields within the
range 4.8 T < B0 < 11 T. Central ion temperature increases of AT;/Ti > 0.1 and
density increases of An/n <1 were observed during rf power injection of up to 180 kW.
Although the greatest ion heating was observed at a central magnetic field of 9.3 T,
heating occurred over a broad range of magnetic fields (2.4 > w/rH(0) 1.1) and did
not show a strong dependence on having a particular ion cyclotron resonance located
near the plasma center. The density increase was usually accompanied by an improve-
ment in the global particle confinement time relative to the Ohmic value and the ion
temperature increase appeared to show rf power thresholds which were dependent on
the magnetic field and agreed with the theoretical predictions within experimental er-
ror. Near densities of t, ;< 1.1 x 1020 m- 3 rf power injection typically produced an ion
heating rate of AT;/Pf ~ 2-4.5eV/kW. At higher densities, fi > 1.5 x 1020 m- 3 , the
ion heating rate decreased to 0.5 eV/kW.
216 Chapter 6: Conclusions
6.2: Results of Analyses
6.2.1: Power Absorption Mechanisms
The variety of possible rf power absorption mechanisms introduce a significant
complication in determining the operative absorption mechanism at each magnetic
field regime. A strong indication of nonlinear power absorption is the presence of a
measured power threshold for ATH # 0. A power threshold is observed at both the
7.6 T and 5.1 T regimes and may be present at the 9.3 T regime. In all three cases,
central ion heating is observed. In both the 7.6 T and 9.3 T regimes, there is clear
experimental evidence that the deuterium minority is heated by the rf power. The
35kW rf power threshold for ATD 9 0 at 7.6 T may indicate that the deuterium
heating is nonlinear. This threshold suggests the possibility of ion Bernstein wave
decay where the quasimode is resonant with the deuterium first cyclotron harmonic.
The remaining power, not absorbed by this nonlinear mechanism on the deuterium,
is predicted to undergo nonlinear absorption on the hydrogen. Finally, any remaining
power not absorbed by either nonlinear process should be absorbed linearly by the
deuterium. The estimated theoretical power threshold for either nonlinear mechanism
is in good agreement with the measured threshold further supporting the possibility
that power absorption occurs through nonlinear mechanisms at 7.6 T.
The measured power threshold at 9.3 T is small (< 10kW) compared to the theoret-
ically estimated value of ~ 30 kW. It is pointed out, especially in this field regime, that
the ion temperature behavior is influenced both by particle confinement improvements
(up to a factor of 3 from the Ohmic value) as well as rf power absorption. This com-
plicates the determination of the rf power absorption threshold. In this field regime,
absorption of rf power at the w/AD = 2.5 layer is predicted to be the only central ab-
sorption mechanism at this field. However, the w/ID = 3 layer, located at the plasma
edge in front of the antenna, is estimated to cause complete power absorption by either
linear or nonlinear mechanisms. To explain the central deuterium heating, at least a
fraction of the rf power must penetrate to the plasma interior. Two mechanisms are
suggested which may explain this. Variation of the edge magnetic field due to the
toroidal field ripple may push the w/fD =3 layer behind the antenna center conductor
(away from the vicinity of the toroidal access port) allowing some rf power to propa-
gate into the central plasma from either end of the antenna. Also, ion Bernstein wave
parametric decay to a slightly downshifted (in frequency) ion Bernstein wave would
cause the w/D = 3 layer to be shifted outside of the vacuum vessel for the decay wave.
It is pointed out that the plasma current is ~ 180 kA and is not enough in itself to
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significantly affect the location of the w/OfD = 3 layer; however, it contributes slightly
to pushing the layer further toward the plasma edge.
Power absorption is expected to occur nonlinearly on the hydrogen ion species at
the 5.1 T regime. The presence of a power threshold of ~25 kW confirms that nonlinear
power absorption is operative. The theoretically estimated threshold is ~ 30 kW, in
good agreement with the measured value.
6.2.2: Antenna Loading
The antenna loading measurements are compared with the results of an antenna-
plasma coupling model developed by M. Brambilla. This model, which is based entirely
upon linear plasma wave theory, predicts the observed dependence of the radiation
resistance on magnetic field over a small range of fields where the w/OfH = 2 layer
is positioned just behind the antenna. The large observed background loading, not
predicted by the model, may result from nonlinear wave processes occurring near the
antenna which could add additional loading. Near the field of maximum antenna
loading, the model predicts that a small - 15% fraction of power is coupled into
the ICRF fast wave. The observed density dependence of the loading is reproduced
well by the model provided the edge density is assumed to remain nearly constant or
decrease until the line-averaged density increases to ft ~ 2.6 x 1020 m- 3 ; then the
edge density must begin to increase beyond this density. Certain parametric processes
may occur near the antenna surface where the predicted electric field energy density is
large compared to the plasma thermal energy density. This large electric field and the
weak dependence of R, 1 on rf power support the possibility of nonlinear effects which
might produce loading not included in the Brambilla model.
6.2.3: Ion Heating
The primary analyses of the ion heating centered around the density dependence
of the ion heating rate. Several density dependent mechanisms were considered which
together can account for the decrease in the ion heating rate with density. However, the
effect of edge collisional power absorption, which increases with density, was indicated
to be negligible. The nonlinear power threshold increases linearly with density; however,
this cannot explain the ion heating rate decrease with density at 7.6 T. Linear power
absorption on the deuterium should still be operative independent of density.
C02 laser scattering measurements show that low-frequency edge turbulence in-
creases with density. The turbulence can scatter the ion Bernstein wave power which
would broaden the radial power deposition profile. Scattering of the ion Bernstein
wave rays from edge turbulent fluctuations was modeled at 7.6 T using a Monte Carlo
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direct sampling simulation. It was found that in the absence of fluctuations, the power
deposition is peaked near the plasma center and approximately 80% of the injected rf
power reaches the plasma inside p/a < 0.5. A fluctuation amplitude of 9&e = 0.3 is
sufficient to reduce this power to ~ 20% and spread the power deposition profile across
the entire poloidal cross-section. Unfortunately, the absolute value of fi, could not be
accurately determined from the experimental data. Nevertheless, using previous results
from earlier measurements of the fluctuation level from Alcator C, the scattering model
provided a way to calculate the power deposition profile. This profile was then used in
an energy and particle transport code.
The effect of ion energy confinement on the ion temperature behavior was also
analyzed. It was found that the Ohmic discharges at both the 7.6 T and 9.3 T regimes
exhibit an increasing anomalous ion thermal conduction relative to the Chang-Hinton
neoclassical prediction with increasing density. This increasing anomaly may be caused
by increased transport resulting from ii modes. It was shown that the ion temperature
behavior at the 9.3 T regime can be accounted for by assuming that 60%Pf flows into
the hydrogen in a profile given by the scattering results, and that the value of the ion
thermal conduction remains nearly the same as the Ohmic value. The ion temperature
behavior at 7.6 T can potentially be explained by assuming that 60%P% is absorbed by
the hydrogen in a profile given by the scattering results. In addition, it is necessary to
assume that the ion thermal conduction increases by a factor of ~ 2 at low densities
and remains constant or decreases at high densities compared to the Ohmic value.
Uncertainties in the total absorbed rf power and in the fluctuation amplitude do not
qualitatively alter these results.
The difference in the behavior between the two field regimes was suggested to result
from the differing power deposition profiles in both regimes as well as the characteristics
of the qi mode. At low densities, the power deposition profile is peaked near the plasma
center at 7.6 T. This may cause a peaking of the ion temperature profile, increasing the
value of mi, and increasing the ion thermal transport. At higher densities, the power
deposition profile broadens. This may cause the value of m; to remain unchanged or
slightly decrease, causing the ion thermal transport to remain constant or decrease
some. The power deposition profile at 9.3 T has a peak near the plasma edge at all
densities; within the plasma, the power deposition profile is peaked at low densities
and broad at high densities. The power deposition at the plasma edge may result in
a broader ion temperature profile at all densities, maintaining or even reducing the
value of i;, which then causes the ion thermal conduction to remain nearly constant
or slightly decrease. There is no accurate ion temperature or density profile data to
support these claims; however, the effect of the rf power deposition profile on the
anomalous Ohmic ion thermal conduction suggests that the anomalous ion thermal
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conduction is determined by the ion temperature profile, a characteristic of the 77
mode.
The results of the power balance analyses are significant since they suggest that
the ion heating behavior in this experiment is mainly a result of the plasma ion energy
confinement. The properties of the ion Bernstein wave coupling structure and the
wave characteristics do not seem to be strongly influential in affecting the ion heating
behavior. The results of this experiment suggest that for future ion heating schemes
on high density devices such as Alcator C (i.e., C-Mod and CIT), one must consider
the inherent ion energy confinement characteristics of the plasma when interpreting the
experimental results.
6.3: Suggestions for Future Work
Numerous suggestions can be drawn from this experiment regarding future ion
Bernstein wave experiments. For example, there is still much that can be learned
concerning high power ion Bernstein wave antenna-plasma coupling. It would be useful
to study the wave frequency spectrum near the antenna as a function of magnetic
field, plasma density, and rf power. This could confirm the presence of parametric
processes and establish their dependences on plasma parameters. Measurements of
plasma density, temperature, and rf electric field in the vicinity of the antenna would
also aid the study of antenna-plasma coupling.
Accurate measurements of the amplitude and radial profile of the low-frequency
edge turbulence is crucial for determining the accessibility of ion Bernstein wave power
to the plasma center. The ion Bernstein wave, due to its short wavelength, is very
susceptible to scattering from low-frequency edge density fluctuations. It was shown
earlier that a fluctuation amplitude of n. = 0.3 is sufficient to reduce the power reaching
the plasma center by a factor of four in these experiments. Experimentally, the absolute
amplitude of he could not be determined and therefore it was not possible to estimate
quantitatively the power accessible to the plasma interior and its spatial distribution.
Knowledge of fie and its affect on wave power accessibility is important for deciding the
feasibility of plasma heating via the ion Bernstein wave in future high density, compact
devices.
Finally, future ion Bernstein wave experiments may benefit by combining rf power
injection with pellet injection. Fueling the Alcator C plasma by pellet injection has been
shown to reduce the initial Ohmic ion thermal conduction by a factor of 3-5, bringing
it to a value nearly equal to the Chang-Hinton neoclassical prediction. The ion heating
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rate from ion Bernstein wave power injection is shown to be greatly reduced at high
densities due to the large anomalous ion thermal conductivity. Pellet injection could
possibly reduce this large anomaly and may lead to a substantially higher ion heating
rate even at high densities when combined with ion Bernstein wave power injection.
